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Abstract

One of the problems faced by the integration of large renewable energy sources -
such as wind turbines- is that often the load centres are very far from the production
centres. This forces the use of series capacitor compensation in order to increase
the power transfer and the transient stability limits. The presence of series com-
pensation introduces resonance into the system and this resonance could interact
with the control system of the connected DFIG wind farm, thus causing the system
(under certain conditions) to experience unstable resonant oscillations at the sub-
synchronous frequency range.

This thesis studies the sub-synchronous controller interaction (SSCI) of DFIG-based
wind-farms with series-compensated transmission lines and suggests a STATCOM
solution to damp the resulting oscillations. This is done by studying the IEEE First
Benchmark Model (FBM) for computer simulation of sub-synchronous resonance as
test system. Analysis is conducted in both time domain and frequency domain to
understand the parameters that affect the system’s stability and create the unsta-
ble sub-synchronous oscillations. The software employed is PSCAD/EMTDC. The
frequency-domain analysis includes the use of the net positive damping criteria to
assess the stability of the system

For the mitigation of the SSCI oscillations, a STATCOM installed at the DFIG wind
farm bus is employed. It is assumed that this STATCOM is there for the purpose of
reactive power compensation and grid code compliance of the wind farm. For SSCI
oscillation damping, a controller is designed and tested. The damping controller is
based on detecting the presence of sub-synchronous oscillation and then determining
its frequency on-line. Next this frequency is used to extract the unstable component
from the active power signal. This extracted signal is then multiplied by an empirical
gain and afterwards used to modulate the voltage reference of the STATCOM voltage
controller. This method was found to damp both oscillations on voltage and power
signals.
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1
Introduction

1.1 Background and thesis motivation

Worldwide the installed wind power capacity has grown by almost the double be-
tween 2011 and 2015 [10]. However, wind energy is often delivered from locations
far away from the load centres. This long distance makes the use of series capacitors
inevitable to compensate for the inductance of the AC transmission lines. Thus the
system’s transient stability improves and the transmission line’s capacity increases
which is beneficial both on a technical level and on an economical level as well. [20].

One of the issues related to the presence of series capacitors in the transmission
lines is the possibility of introducing series resonances below the grid’s fundamental
frequency. These resonances could interact in an unstable manner with the tor-
sional modes of neighbouring generator-turbine sets. This phenomenon is called
sub-synchronous resonance (SSR) and is well known now -since it first appeared
45 years ago [14]. A lot of research has been produced around this topic and the
industry has now good experience in dealing with it and mitigating it.

A new sub-synchronous issue is due to the interaction between the power electronics
controller of some components (such as the converters in the DFIG wind genera-
tor or the HVDC) and the series-compensated network. It is referred to with the
term Sub-Synchronous Controller Interaction (SSCI) which, in a broader term, is
the interaction between the series-compensated line and any neighbouring power
electronics device controller. This phenomenon is purely electric since the turbine’s
mechanical system is not involved in the event. If the turbine’s system interacts with
a neighbouring power electronics controller, then this type of interaction is termed
as Sub-Synchronous Torsional Interaction (SSTI) [2].

The DFIG-based wind-farms were thought to be immune to sub-synchronous events,
but in 2009 an event occurred in a 200-MW wind-farm in Texas, which resulted in
growth of voltage to a peak of 2 pu and the activation of crowbar in a number of
generators.
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1. Introduction

The purpose of this thesis work is to study in the first part the DFIG wind-farm
sub-synchronous characteristics and its susceptibility to SSCI. In the second part,
a solution will be implemented to damp the SSCI using a STATCOM connected to
the DFIG wind-farm bus.

1.2 Objectives

The main objectives of this thesis are to evaluate the risk of SSCI in DFIG wind-
farm installations and to damp these oscillations using STATCOM’s.
The following steps will be carried out to reach the objectives:

1. Obtain harmonic frequency scan of the DFIG wind-farm in the sub-synchronous
frequency range looking at the wind-farm from its output. This is done by
injecting harmonic voltage and measuring the current and then applying FFT
to the measured current

2. Evaluate the stability of the system comprised by DFIG wind-farm connected
to a series compensated network using the net-positive damping criterion.
This is done by using Nyquist stability criterion on the open loop system of
the DFIG wind farm and the network. This requires the use of the previously
obtained harmonic impedance scan.

3. Design a controller for the STATCOM to provide SSCI oscillation damping.

1.3 Thesis Structure

Chapter 1 introduces to the SSCI by giving a background to the problem. Also it
describe the thesis objectives and its outline.

Chapter 2 gives an introduction to the definitions related to sub-synchronous oscilla-
tions in power systems and the application of FACTS devices to damp and mitigate
them.

Chapter 3 introduces the reader to the concept of the DFIG and some details on its
circuit representation and control strategy.

Chapter 4 explains the proposed methodology for the analysis of the SSCI as well
as the model used for the study. Also the proposed STATCOM control strategy is
presented.

Chapter 5 presents the results of the proposed methodology for oscillations.

2



1. Introduction

Chapter 6: Gives conclusions about the most important findings in the thesis and
the proposed future work.
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2
Theory

2.1 Introduction

This chapter introduces the different elements that contribute to the SSCI, which are
the series-compensated transmission line and DFIG-based wind turbines. For the
series compensation, both its purposes and the basic theory behind it are introduced.
As for the wind turbine, there is a short introduction to the different types of wind
turbines, but the focus is on the Doubly-Fed Induction Generator (DFIG), which is
also referred to as Type-3.

2.2 Wind Turbine Systems

2.2.1 Fixed-Speed Wind Turbine (Type-1)

It consists of a gear-box that couples the wind-turbine to a squirrel-cage induction
generator, which is directly connected to the grid by a step-up transformer, as shown
in Fig. 2.1. Speed is fixed and power is generated when the turbine’s speed is faster
than the electrical frequency, which creates negative slip.

Figure 2.1: Fixed-Speed wind turbine (Type-1) [26]
5



2. Theory

2.2.2 Limited-variable speed (Type-2)

In this type a there is a wound-rotor induction generator that is connected directly
to the grid through a step-up transformer just, as in Type-1. In addition to that,
a variable resistor is connected to the rotor circuit. A set of resistors and power
electronics are used to implement the variable resistor external to the rotor via slip
rings. This configuration controls the rotor currents, which keep the power constant
at the wind power plant terminal even during wind speed changes.

2.2.3 Doubly-Fed Induction Generator (Type-3)

It is the next level of Type-2 wind generators and it is obtained by adding a full
variable frequency converter instead of the rotor resistors as shown in Fig. 2.3. The
next section will explain its operation principle in details.

2.2.4 Full-Converter wind turbine (Type-4)

It consists of generator (squirrel-cage induction generator or synchronous generator)
which is connected to a back-to-back converter which in turn is coupled to the grid
through a transformer. The main advantage of this type of turbines is the robust
and well developed control [26]. The main disadvantage is that the converter is
rated to the full power of the generator, which means a more expensive system.

Figure 2.2: Full-converter wind turbine (Type-4) [26]

2.3 Doubly-Fed Induction Generator (DFIG)

2.3.1 Principle of DFIG Operation

DFIG is a wound-rotor induction generator with its rotor fed through a back-to-back
converter. The rotor is excited by a variable frequency voltage source converter

6



2. Theory

(VSC) which adjusts the rotor current by slip rings. This converter controls the
output active and reactive power from the generator by controlling the rotor current
both in magnitude and phase. The general setup is shown in Fig. 2.3.

Figure 2.3: Variable-speed wind turbine with Doubly-Fed Induction Generator
[26]

Fig. 2.3 depicts the wound-rotor generator with its stator connected to the grid and
a back-to-back VSC (rotor-side and grid-side) with a dc link. Rotor’s windings are
connected to the Rotor-Side Converter (RSC) via slip rings. This RSC is supplied
by another VSC that is connected to the grid, hence named Grid-Side Converter
(GSC). At the DC link between the two converters a capacitor is placed to minimise
the voltage ripple during switching of the converters. Moreover, a grid filter is
connected to the GSC to reduce the harmonics from the converter (Rf and Lf in
Fig. 2.4).
As a result of this configuration the generator can operate on different wind speeds.
One thing to be noted is that the size of this back-to-back converter is typically in
the range of 15%-30% of the rated power of the wind turbine. This is due to the fact
that it handles only the slip power, which is an important advantage of the DFIG.

2.3.2 Doubly-Fed Induction Generator Equivalent Circuit

The DFIG is essentially a wound rotor induction generator which is represented
by the cage-bar induction generator circuit with the difference that the rotor-side
circuit is fed by another source. The Γ model is used to represent the machine
because of its simplicity in obtaining the controller. Fig. 2.4 illustrates this model:

Where:
vS : stator voltage;
vR: stator voltage;
iS: stator current;

7



2. Theory

Figure 2.4: Doubly-Fed Induction Generator Equivalent Circuit [21]

iR: rotor current;
RS: stator resistance;
RR: rotor resistance;
ΨS: stator flux vector;
ΨR: rotor flux vector;
While the flux linkage in the stator and rotor is expressed as [21]:

ΨS
S = LM(iSS + iSS) (2.1)

ΨS
R = (Lσ + LM)iSR (2.2)

Te = 3npIm{ΨS
SConj(iSR)} (2.3)

Where:
LM : Magnetising inductance.
Lσ: Leakage inductance.
np: number of pairs of poles.
In addition, Fig. 2.5 shows the DFIG equivalent circuit representation in steady-
state using the jω notation.

Figure 2.5: DFIG Equivalent Circuit in Steady-State [26]

8



2. Theory

2.3.3 DFIG control [21]

The DFIG control consists of two main controllers: one is for the Rotor-Side Con-
verter (RSC) and the other is the Grid-Side Converter (GSC). The RSC controller
is responsible for DFIG terminal active and reactive power while the GSC controller
takes care of the voltage of the DC-link between the RSC and GSC.
The control system is a vector control system based on a rotating coordinates sys-
tem which has two components: q- and d-components. The stator voltage vector is
aligned with the q-component creating the so called flux-oriented coordinates sys-
tem. This method of control makes it easier to control AC quantities in steady-state,
where the voltage and current vectors are "seen" as dc quantities with respect to the
new coordinate system.

RSC Controller

The control of the RSC has a cascaded control structure, which means that there
are two control loops: inner and outer. The inner loop is a current control loop
(CC), which is the faster one and it creates the voltage reference for the rotor from
the given active and reactive power. The outer loop is the slower one. It consists of
two controllers: active and reactive power controllers. Those two loops create the d
and q current references for the current controller. The inputs to the outer loop are
both measured and compared with the reference values for both active and reactive
power.
The controller is in rotating coordinates aligned to the DFIG stator flux.

Figure 2.6: General control scheme for RSC: showing the inner (current) and
outer (power) control loops [21]

Active and reactive power controller : It consists of two PI controllers for both
real and reactive power. These two controllers produce two reference currents. The
real power controller produces the q-component of the rotor current (i∗R,q) while the
reactive power controller produces the d-component (i∗R,d). The controllers equa-
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2. Theory

tions are as follows:

i∗R,q = Kp,P

(
1 + 1

sTi,P

)
(P ∗

out − Pout)

i∗R,d = Kp,Q

(
1 + 1

sTi,Q

)
(Q∗

out −Qout)
(2.4)

where for the PI controller, the Kp is the proportional gain and the Ti is the inte-
grator time constant.

Damping term: This term is added to give more damping to the drive system.
This term is implemented by passing the rotor speed through a high-pass filter, which
has a time constant that depends on the frequency of oscillations to be damped. This
removes the oscillatory component of the rotor speed.

Figure 2.7: Detailed control scheme for RSC: showing details of the outer control
loop plus the damping term [21]

RSC Current controller :It has the following control law:

v∗
R = 1

sTLP + 1 êemf + jω2LσiR +Kp,cc(i∗R − iR) (2.5)

where, for the proportional controller, Kp,cc is the proportional gain. The term êemf
is the estimation of the machine’s back emf. This estimation goes through a low-
pass filter with time constant TLP . The reason that there is no integral part for the
current controller (only proportional part) is that the outer loop (power controllers)
already contains an integral term which removes the need for it in the inner loop.
The current controller gain is expressed as follows

Kp,cc = αccLσ (2.6)

Where αcc is the current controller bandwidth and Lσ is the leakage inductance.

10



2. Theory

Figure 2.8: RSC current controller [21]
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2. Theory

GSC Controller

Fig. 2.3.3 shows the general GSC control scheme. As the RSC controller, it has two
loops: the inner is again a current controller that takes the current reference from
the outer loop and gives out the voltage reference of the filter (v∗

f ), while the outer
loop is the DC link voltage controller. The details for this controller are as follows:

Figure 2.9: RSC current controller [21]

DCVC (DC-link Voltage Controller): This is the outer loop that produces the
q-component of the grid filter current i∗f,q. Here, the control of the DC-link voltage
is considered to be the control of the flow of active power through the voltage-source
converter, which is assumed to be ideal. Also, assuming that the capacitance of Cdc
in Fig. 2.4 is constant, it can be concluded that the power flow through the DC-link
(Pdc) equals the capacitor’s energy dc as follows:

Pdc(t) = dwc
dt

= 1
2Cdc

du2
dc(t)
dt

(2.7)

Since the power through the dc capacitor is a function of the rotor power (PR) and
also of the power output of the grid-side converter (Pf ), then linearizing Eqn: 2.7
gives the following:

1
2Cdcudc.0

d∆udc
dt

= Pdc = −∆PR −∆Pf (2.8)

The control law for the DCVC is as follows:

if,q∗(s) =
(
Kp,dc + Ki,dc

s

)
[u∗2
dc − u2

dc]− PR (2.9)

Where Kp,dc = αdcC. Typical values for the αdc are about one tenth of the current
controller’s bandwidth αcc.

RSC current controller : As in the RSC current controller, the following control
law is derived:

vf = 1
sTLP + 1 v̂c + jωsLf if +Kp,cc(i∗f − if ) (2.10)

12



2. Theory

Where the proportional gain is

Kp,cc = accLf (2.11)

.

Phase-Locked Loop (PLL)

As was stated earlier, the control system is derived in a rotating coordinate system
that is aligned to the grid voltage vector and rotates with its frequency counterclock-
wise. In order to align the coordinate system to the voltage grid voltage vector, it
is essential to know the voltage angle at all times. This is done by a Phase-Locked
Loop (PLL) which has the following law:

˙̂ωs = α2
PLLεPLL

˙̂
θs = ω̂s + 2αPLLεPLL

(2.12)

Where θ̂s is the estimate of the grid voltage angle while ω̂s is the estimated grid
angular frequency and εPLL is the PLL input error. Fig. 2.10 illustrates the PLL
block diagram.

Figure 2.10: PLL for estimating grid voltage angle [21]

2.4 Series Compensation

2.4.1 Introduction

It is a well-established fact that the length of the AC transmission lines limit their
power-carrying capabilities. The longer the line is, the larger its series reactance
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2. Theory

becomes, which is inversely proportional to the transmitted power. In order to
minimise the line reactance, fixed capacitive series compensation has been used to
introduce negative series reactance and hence reducing the effective line impedance.
The series compensation can also be variable

The introduction of controlled series capacitive compensation such as TCSC (Thyristor-
Controlled Series Capacitor) was proven to improve transient stability and to render
the line power flow controllable, in addition to increase the transmission line’s ca-
pacity to a very high degree. Controllable series line compensation is a cornerstone
of FACTS technology. It can be applied to achieve full utilization of transmission
assets by controlling the power flow in the lines, preventing loop flows, and with the
use of fast controls, minimizing the effect of system disturbances, thereby reducing
traditional stability margin requirements [17].

2.4.2 Principle of Series Compensation

As was mentioned before, the idea is to increase the power transmitted over a line
by decreasing the overall line impedance according to

P = V 2sinδ

X
(2.13)

where, referring to Fig. 2.11 V is the magnitude of Vs and Vr at the sending and
receiving ends, respectively and X is the line impedance.
The effective transmission line impedance including the series compensation Xeff is
expressed as:

Xeff = X −XC = (1− k)X (2.14)
where XC is the capacitive reactance of the series capacitor and k = XC

X
is the com-

pensation level.

Figure 2.11: Simple Two-machines and transmission line network [17]

The current and active power flowing in the compensated line can be written as:

I = 2V
(1− k)Xsin

δ

2 (2.15)
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2. Theory

P = VmI = V 2

(1− k)Xsinδ (2.16)

While the reactive power delivered by the series capacitor is:

QC = I2XC = 2V 2

X

k

(1− k)2 (1− cosδ) (2.17)

The interpretation of the series compensation concept is that according to Eqn.2.13
in order to increase the power flow of a line, the line impedance should be decreased.
The series capacitor cancels portion of the line reactance according to Eqn. 2.14
rendering it smaller in effect. Another interpretation is that in order to increase the
power flow, it is essential to increase the current flowing in the line which means
that the voltage across this line needs to be increased, hence a series voltage source
is needed for the line. The series capacitor does this job by introducing an opposite
voltage to the original voltage.
The concept of fixed series capacitor has been extended to a variable series compen-
sation. This can be obtained by variable reactive impedance or by a series voltage
source [17]. There are different approaches to obtain variable impedance series com-
pensation such as: GTO Thyristor-Controlled Series Capacitor, Thyristor-Switched
Series Capacitor (TSSC), and Thyristor-Controlled Series Capacitor (TCSC).

2.4.3 Applications of Series Compensation

In addition to the main purpose of the series compensation which is the increase
of active power flow in transmission lines, other important applications exist. They
are:

• Voltage Stability: Minimise voltage variations at the receiving end by reducing
series reactive impedance.

• Transient Stability Improvement: Reducing the effective line impedance in-
creases the transmitted power over the line hence improving the transient
stability. And one of the main areas of this application is the wind generation
since the wind turbines are usually situated at remote places away from the
load centres; long transmission lines are hence needed.

• Power Oscillation Damping: Using controlled series compensation to damp
low-frequency power oscillations in the line

• Sub-synchronous Oscillation Damping: Controller series compensation is used
to directly affects the line impedance at the sub-synchronous frequencies.
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2. Theory

2.4.4 Summary

This chapter discussed the main components contributing to the problem of SSCI.
Different types of wind-farms were briefly described. Then, the operating principle
of the DFIG wind-farm isintroduced with details of the circuit and more details on
the DFIG control system. Finally, a section on series-compensation introduced its
basic concept and applications.
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3
Sub-Synchronous Resonance in

Power Systems

3.1 Introduction

This chapter introduces the reader to the general problem of sub-synchronous res-
onance in power systems by listing the different types of SSR and the reason of
their occurrence, in addition to which components of the power system contribute
to each type. Then in the second section, the problem of SSCI in DFIG wind farms
is treated by giving more details on the components of the DFIG drive to which the
instability is attributed, and hence the SSR. Next, the third section introduces the
methods of analysis used to investigate the SSR in DFIG wind farms. Finally in the
fourth section, the results of the analysis are shown and discussed.

3.2 Definitions and classifications of SSR

The IEEE defines the SSR as follows [32] :
Subsynchronous resonance is an electric power system condition where
the electric network exchanges energy with a turbine generator at one
or more of the natural frequencies of the combined system below the
synchronous frequency of the system.

It is clearly seen from the definition that the SSR is between the power system
and a generator-turbine set. However, a more generic definition of the SSR includes
different causes of the SSR other than the mechanical system of the generator-turbine
set and hence named sub-synchronous interaction as will be discussed below.

• Sub-Synchronous frequency
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3. Sub-Synchronous Resonance in Power Systems

It is the frequency of oscillation that is below the power system’s rated fre-
quency (50 or 60 Hz)

• SSI: Sub-Synchronous Interaction

This is a generic term that refers to the interaction of one of the elements of
the power system when they exchange energy at one or more of the system’s
sub-synchronous modes (natural frequencies) of the combined system.

• SSO: Sub-Synchronous Oscillations

A generic term that refers to the oscillation that result from the SSI mentioned
before.

• SSR: Sub-Synchronous Resonance

It is a more particular definition that refers to the interaction of the generator-
turbine set of a synchronous generator with the effective impedance of an
electrically close series compensated network.
The frequency of electrical resonance is given as:

fer = ±fs
√
xc
xL

(3.1)

where fs is the network’s synchronous frequency, xc is the series capacitor’s re-
actance and xL is the network’s total reactance. Now, since this is the resonant
frequency, then any small disturbance in the network will excite currents at
at the stator at ±fer. The positive-sequence component of this stator current
induces stator flux at this frequency, which in turn produces rotor currents at
frequency fr = f0 − fer, where fr is the electrical frequency of the rotor.

• IGE: Induction Generator Effect

This is a purely electrical phenomenon where the series compensated network
resonates with the synchronous machine (and not the generator-turbine set),
which implies the assumption that the mechanical system is rigid. The syn-
chronous generator, seen from the standpoint of the stator flux that rotates
at sub-synchronous frequency, behaves as an induction generator. In this phe-
nomenon, the resistance of the rotor windings seen from the point of view of
the stator at the sub-synchronous frequencies is negative. This can be shown
as follows: the slip at sub-synchronous frequency is [2]:

Sssr = fer − f0

fer
(3.2)
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3. Sub-Synchronous Resonance in Power Systems

And, referring to the DFIG equivalent circuit in Fig. 2.5, the rotor resistance
at the sub-synchronous frequency is [2]:

Rssr
eq = Rr

Sssr
(3.3)

The rotating flux resulting from the armature currents at the sub-synchronous
frequency rotates in a frequency fer which is slower than the rotor electrical
frequency f0 which, according to Eqn. 3.3, results in a negative slip of the
induction machine, which in turn gives a negative resistance of the rotor ac-
cording to Eqn. 3.2 [30]. If the sum of this resistance Rssr

eq and the armature
and network resistances at the network’s resonant frequency is less than zero;
then self-excitation could occur and hence sub-synchronous currents will grow
[30].

• SSCI: Sub-Synchronous Controller Interaction

This interaction, which is the main focus of this thesis, is the oscillation be-
tween a series compensated line and a power electronics controller (such as
HVDC, PSS or DFIG controllers), which has fast response to speed or power
in the sub-synchronous range. It falls in the category of device-dependent
sub-synchronous oscillations according to the IEEE Guide of SSR [31].
Due to this nature, then SSCI does not include any mechanical interaction (as
opposed to SSR and SSTI). The cause of these oscillations is the fact that the
DFIG system exhibits negative resistance in the sub-synchronous oscillations
range (negative damping), which causes the oscillations in this frequency range
to grow.
Since this is the type of oscillation treated in this thesis, more details will be
presented in the next chapter.

3.3 SSR Analysis Methods

Whatever the type of SSR is, an important step towards evaluating it is its analysis.
After obtaining an accurate model of the system, different methods of analysis could
be applied to the system. These methods are either in time domain or in frequency
domain. For time domain simulations, electromagnetic transient software such as
PSCAD/EMTDC can be used.
The purpose for SSR analysis is to detect the presence of SSR conditions under
different systems contingencies to, evaluate the severity of these conditions, and to
study the effect of different control and operation conditions on the sub-synchronous
oscillations [25].
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3.3.1 Time-Domain simulations

For this approach, a detailed model of the system to be studied is developed in
an electromagnetic transient software such as PSCAD/EMTDC. Such a software
represents both electromagnetic and electromechanical systems by their differential
equations and calculates the solution to these equations for a certain fixed time step
[11].
The results of this analysis are time domain plots that show the presence of oscil-
lations in electrical quantities (power, voltage and current...) and/or mechanical
quantities (speed, torque...) that oscillates in sub-synchronous frequencies.
The advantage of this method is that all the non-linearites in the system of study
are represented. Also, amplitude of the oscillations can be observed for different
signals such as power, voltage and torque, as well as the speed with which these
oscillations grow.
One disadvantage is that due to the high level of details required to model the con-
trols and the mechanical system, it could be cumbersome to model large systems.

3.3.2 Eigenvalue (Modal) Analysis

This is one fundamental method to analyse the system. It requires that the com-
plete system of study be represented by its linear differential equations and then a
state-space model can be obtained for it as follows. Then, the eigenvalues of the
system can be obtained. They provide information about the frequencies of nat-
ural oscillations of the system and also the damping of these frequencies (modes)
[9]. Different eigenvalues sets could be obtained by changing the different control
settings or operation conditions and then noticing the movement of the eigenvalues
which gives an idea about the effect of these changes in the system stability.
The advantage of this approach is that not only does it provide information about
the oscillatory modes, but also about how much damping the system presents for
those modes. However, a major disadvantage of this method is that it requires de-
tailed mathematical representation of the system in order to obtain its state-space
model [9].

3.3.3 Frequency Scanning

For this method, simulation is used to compute the impedance of the network seen
from the generator bus of interest, i.e. by looking into the network along the whole
sub-synchronous frequency range. The result is the spectrum of the impedance
(real and imaginary) along the sub-synchronous range.This approach is mainly for
a preliminary study of the sub-synchronous oscillations [19]. Oscillations due to
induction generator effect at a specific frequency is expected if the network resistance
is negative and the inductance is zero. This method also provides information about
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suspected torsional interaction and transient torque [25].
The advantage of this approach is that it gives a quick estimate of the risk of SSR
for different contingencies in the network [8]. However, for the study of TI, other
methods are necessary to evaluate its risk such as damping torque analysis [9].

3.4 Wind Farms Vulnerability to Sub-synchronous
Resonance

In chapter 2 the different types of wind turbine generators were introduced. In this
section, the susceptibility of the 4 types to SSR with series-compensated lines will
be briefly presented.

3.4.1 Type-1 (Fixed-speed)

Type-1 wind power plant was found not to show sub-synchronous instability. This
can be attributed to the simple nature of this type of plant as it does not contain
any power electronics drive, which is the main cause of the sub-synchronous negative
resistance [5].

3.4.2 Type-2 (Limited variable-speed)

At a certain compensation level, sustained sub-synchronous oscillations were noted
in the active power from the wind farm. These oscillations were noted to be almost
zero with lower compensation level.

3.4.3 Type-3 (DFIG-based)

Unstable oscillation were noticed in case of this type. These oscillations have dif-
ferent frequencies depending on the compensation level, output power and DFIG
controller parameters. [5][22]

3.4.4 Type-4 (Full-converter)

It was reported that this type of wind generators did not show SSR with series
compensated lines. [24].
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3.5 First SSCI Incident in DFIG installation

The first SSCI incident was between a 150 MW DFIG-based wind farm and a 345
kV series-compensated transmission line. Fig. 3.1 shows part of the network, which
includes a 200 MW DFIG-based wind farm that feeds the series-compensated line
between Nelson Sharpe and Rio Hondo. The connection point is at Ajo. This line, at
the time of incident, was at 50% compensation level. In October 2009, a single-line-
to-ground fault occurred at the 37 miles-long line between Ajo and Nelson Sharpe.
The fault resulted in tripping this line after 41 ms (2.5 cycles), which rendered the
wind farm radially connected to the series-compensated line between Ajo and Rio
Hondo. The new compensation level (after clearing the fault) became 90% (a very
high level).

Figure 3.1: Part of the south Texas network which experienced the first SSCI in
2009 (Courtesy of Andres Leon [2])

As a result of this configuration, rapid sub-synchronous oscillations (around 20 Hz)
in voltage and current started to build up. In 1 second, the voltage level reached
almost 2 pu while the currents recorded reached 4 p.u as shown in Fig. 3.2.
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Figure 3.2: Field recordings of the first SSCI incident at Ajo representing from
top: line currents to Rio-Hondo (phases a, b, and c in blue) and phase voltages in

phases a, b and c (in pink) [22]

During the event, a number of wind turbines entered crowbar state. Also, the series
capacitor was bypassed.

3.6 Damping of Sub-Synchronous Oscillations us-
ing shunt FACTS

Both series and shunt FACTS devices have been used to mitigate the SSI in power
systems. Shunt devices include SVC (Static Var Compensator) and STATCOM
(STATic synchronous COMpensator). SVC in essence is a TCR (Thyristor Con-
trolled Reactor) and a TSC (Thyristor Switched Capacitor) along with a fixed ca-
pacitor while STATCOM is a VSC (Voltage Source Converter). Both deviices are
used to dynamically inject or absorb reactive current at the point of connection. As
for series devices they include: TSSC (Thyristor-Switched Series Capacitor), TCSC
(Thyristor-Controlled Series Capacitor) and SSSC (Static Synchronous Series Com-
pensator). The focus in this thesis will be on the shunt devices.
Table summarises some of the approaches in the technical literature for damping dif-
ferent types of SSO using shunt-connected FACTS devices. This summary is taken
from papers: [27],[28],[13],[12]
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Table 3.1: SSR damping using shunt FACTS

Application Device size Control signal Main Feature
SSR for SVC @ Mach. volt. Optimal tuning of PI

Synch. Gen. Generator bus & speed controller
SSR for SVC (38 %)@ Speed Washout filter +

Synch. Gen. Midpoint deviation PD ctrl.
TI for SEIG SVC (60 %) @ Speed Washout filter +
Wind Farm Windfarm bus deviation P ctrl.
SSCI with FC(15%)+ Line power Gain+
DFIG SVC (11%) Washout filter+

Wind-farm Wind-farm bus Lead-lag comp.+
Gain adaptation

SSCI with STATCOM(11%) Rotor speed Gain+
DFIG @ Wind-farm bus Washout filter+

Wind-farm Lead-lag comp.+
Gain adaptation

Where SEIG stands for Self-Excited Induction Generator, DCIM for: Double Cage
Induction Motor and FC for: Fixed Capacitor.

3.7 Summary

In this chapter the concepts of sub-synchronous resonance (SSR) and sub-synchronous
interaction (SSCI) were introduced. Next, the methods used for SSI analysis were
discussed flollowed by the vulnerability of the different types of wind generators to
SSI. After that, a brief description of the first SSCI incident isgiven. Finally, a
literature review of the methods used for damping SSR using shunt FACTS devices
and a comparison among methods istabulated.
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Proposed Methodology

This chapter presents the methodology used in this thesis for both the analysis and
mitigation of the sub-synchronous resonance caused by the interaction a of DFIG
controller with a series-compensated network. The first section will introduce the
network used for the study in addition to the frequency scan technique and the
positive net damping method used for stability analysis. The second section will
introduce the methods here proposed to detect the presence of sub-synchronous
components in the active power signal. Then, it will proceed to estimating the
frequency of the detected sub-synchronous components followed by the approach
used to track a specific component. The chapter concludes with a short summary.

4.1 Analysis of sub-Synchronous resonance in DFIG
farms

4.1.1 Study system

Network:

For the study of the sub-synchronous resonance phenomenon, the IEEE First bench-
mark model (FBM) for computer simulation of sub-synchronous resonance is here
used. The model is originally developed to study SSR between a series-compensated
network and the mechanical system of the Navajo project. The rotor is represented
by a multi-mass spring mass model for the mechanical dynamics. The electrical
network is a simple RLC network, which represents a transmission line connected
to an infinite bus as in the Figure 4.1.
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Figure 4.1: The IEEE original FBM for SSR studies [8]

The data of the original system are listed in Table 4.1.
Table 4.1: IEEE FBM Network Parameters
Network resistance RL 0.02
Transformer reactance XT 0.14
Transformer ratio 26/539 kV
Line reactance XL 0.5
System reactance Xsys 0.06

It is clearly noticeable that this system has to be modified for the purpose of DFIG
studies. The synchronous generator and its mechanical system in Figure 4.1 has to
be replaced by an equivalent DFIG wind farm as in Figure 4.2 in addition, a parallel
transmission line is connected to the transformer in order to make sure that the
system is stable initially and then create the instability by removing this line.

Figure 4.2: The IEEE modified FBM for SSR studies [29]

DFIG wind farm

The wind farm is modelled in PSCAD/EMTDC as a 2.6 MVA generator. In order
to include only the electrical dynamics, the mechanical prime mover of the DFIG
is represented by a single-mass mechanical system. Table 4.2 lists the generator’s
parameters.
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Table 4.2: DFIG generator parameters

Base power Sbase 2.6 MVA
Base voltage Vbase 0.69 kV
Stator leakage impedance Xls 0.179
Magnetizing inductance XM 4.38
Wound rotor leakage inductance Xlr 0.0737
Stator resistance Rs 0.0105
Wound rotor resistance R’r 0.00856
Second line resistance Xf 0.2 pu
Second line resistance Rf 0.01 pu
Second line resistance Cdc 3.5 pu

Since the windfarm to be studied has a 892.4 MVA size, a scaling transformer is
used. It is available in the ETRAN library for PSCAD and it is shown in Figure
4.3. This transformer scales up the power by using the specified the current scaling
factor (scale).

Figure 4.3: ETRAN component: Scaling transformer

4.1.2 Time-domain analysis

The triggering event for the SSCI is the disconnection of the upper branch depicted
in Figure4.2. This event renders the DFIG power plant radially connected to the
series compensated network. This situation resembles the case in the Zorillo wind
farm incident in 2009 [2]. After the application of the contingency, sub-synchronous
resonance is noticeable on the signals of the active power, voltage and current as in
Figure ??. From the figure, clear instability is noticed after the breaker is opened
after 3 seconds of simulation. Signals of active power and RMS voltage show unsta-
ble behaviour as they start to oscillate and grow with a sub-synchronous frequency.
Also, the current signal shows sub-synchronous behaviour as its amplitude is mod-
ulated in a growing manner.

Fig 5.6 shows the implementation of the study system in PSCAD/EMTDC, which
is used for both time domain and frequency domain analysis.
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Figure 4.4: Screen print of the used IEEE FBM model

To study the effect of different parameters on the system’s vulnerability to SSCI,
the following aspects are considered:

• Series compensation level: which changes the resonance frequency of the elec-
tric network. This is done by simply changing the value of the series compen-
sator capacitance.

• Wind farm output power: To test the effect of different power set-points on
the possibility of SSR and on the frequency of SSR.

• DFIG controller parameters: Previous studies [2] [18] [22] [29] show that
change in the parameter of the PI controller of the RSC current controller
greatly affects the stability of the DFIG and hence the presence of SSCI. In
order to do this, the current controller bandwidth controller is changed. In
order to include only the effect of the RSC control system, the GSC is discon-
nected from the network and an ideal large voltage source is placed at the DC
link between the RSC and GSC.

4.1.3 Frequency-domain Analysis (Nyquist criterion)

Positive net-damping stability criterion

This method is based on the study of the overall system using the input impedance
of the DFIG. The idea is based on treating both generator and network as single-
input single-output (SISO) systems, which allows obtaining a feedback system of
both generator and network as in Figure 4.5.
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Figure 4.5: Closed loop system of the DFIG impedance and the
series-compensated transmission admittance (In frequency domain)

In the figure, ZG is the impedance of the DFIG seen from its stator terminal and YL
is the series-compensated transmission line admittance seen from the point of con-
nection to the DFIG. This representation allows the application of Nyquist criterion
for stability on the open loop transfer function ZGYL [29].

In order to apply this method of analysis, it is essential to obtain the impedance
of the DFIG farm as a function of frequency using the impedance-frequency scan
method explained in the next section. Also, the impedance (or admittance) of the
transmission network can be obtained as below.

ZG(jω) = RG(ω) + jXG(ω) (4.1)

1
YL(jω) = RL(jω) + jXL(ω) (4.2)

where ZG is the aggregate DFIG farm impedance (RG and XG are the real and
imaginary parts) and YL is the transmission network admittance (RL and XL are
the real and imaginary parts of the network impedance).
For the open-loop transfer function ZGYL is expressed as following (substituting S
with jω)[29]:

ZG(ω)YL(ω) = RG(ω) + jXG(ω)
RL(ω) + jXL(ω)

= RG(ω)RL(ω) +XG(ω)XL(ω)
R2
L(ω) +X2

L(ω) + j
RL(ω)XG(ω)−RG(ω)XL(ω)

R2
L(ω) +X2

L(ω)
(4.3)

In order for the open-loop transfer function to be asymptotically stable, the Nyquist
curve must not encircle -1. In order to apply this in Eqn. 4.3, then the imaginary
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part is set to zero. Then, denoting the resonance frequency as ωres, the following
applies: RL(ωres)XG(ωres)−RG(ωres)XL(ωres) = 0, which gives:

XL(ωres)
XG(ωres)

= RL(ωres)
RG(ωres)

(4.4)

Substituting Eqn. 4.4 in Eqn. 4.3 gives:

ZG(jωres)YL(jωres) = RL(ωres)
RG(ωres)

(4.5)

If Eqn. 4.5 is larger than -1 i.e. RL(ω)/RG(ω) > −1 ⇒RL(ω) + RG(ω) > −1, then
the Nyquist curve will not encircle -1. [16]
Thus, the criterion for this particular transfer function is obtained by the condition
[29]:

Re[ZG(jω)YL(jω)] > −1 and Imag[ZG(jω)YL(jω)] = 0

DFIG Impedance-Frequency scanning

To obtain the above mentioned ZG(s) for the DFIG, an impedance scan needs to
be implemented for the DFIG model in PSCAD. This scan gives values of both
real and imaginary part of the DFIG impedance for the whole frequency spectrum
of interest. The DFIG is a non-linear system, so to obtain the impedance at a
certain frequency by simulation, one way is to excite the DFIG by injecting 3-phase
currents (or voltages) into the stator terminal at the required frequency, and then
measuring the response of the generator in terms of voltage (or current). For the
measured signal, an FFT is performed in order to obtain its magnitude and phase
at the desired frequency. This process is repeated for the whole frequency spectrum
required, which is the sub-synchronous range in our case (below 50 Hz). Figure
5.1 shows the implemented system in PSCADEMTDC for DFIG-side impedance-
frequency scanning.

Figure 4.6: Implemented impedance-frequency scanning for DFIG
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4.2 STATCOM voltage control [8]

Figure 4.7 summarises the voltage control strategy of the STATCOM. It relies on
vector control which allows independent control of both active and reactive currents
(consequently active and reactive power). The main component in the system is the
Voltage-Source Converter (VSC), which is a converter that has a DC-Link capacitor
on its DC side and IGBT valves. The valves are switched between On and Off states
by Pulse Width Modulation (PWM) technique, which is represented by the PWM
block in Figure 4.7. Under steady-state condition and with very high switching fre-
quency of the PWM, the VSC can be modelled as a voltage source.
In order to implement the control system in dq-coordinates, all the measured quan-
tities (bus voltage and line current) need to be transformed into dq-system using the
abc/dq block in the figure. This coordinate system rotates with the frequency of the
grid, however, it needs to be aligned to the grid voltage vector in order to obtain DC
quantities of the d- and q- components. In order to align the coordinate system to
the grid voltage, the control system needs to know the voltage vector angle which is
performed using a Phase-Locked Loop (PLL). The PLL estimates the instantaneous
angle θ of the voltage vector, which is further used by the abc/dq block to obtain the
proper d- and q- components of the line current. In these applications, the voltage
vector is aligned to the d-axis during steady-state.This implies that the d-component
of the voltage vector equals the RMS values (using power invariant transformation)
while the q-component equals to 0 (in steady-state). Thus, the active component of
the current is the d-component while the q-component is the reactive one.
Finally, in order to control the STATCOM terminal voltage, two Proportional-
Integral (PI) control loops are used. The proportional gain of the controller allows
for reference tracking while the integral gain is used to remove steady-state errors
due to different reasons such as measurement noise and non-linearity.
Now, the control strategy can be summarised as follows:

1. Measurement and sampling of the grid voltage and line currents (e(t) and i(t)).

2. Transform those quantities to the synchronised rotating dq- system, which
is achieved by first transforming the 3-phase quantities to fixed 2-phase co-
ordinate system (α β) and then move to the rotating dq- system using the
transformation angle θ from the PLL block.

3. The error between the measured voltage and the reference voltage is used as
input to the PI reactive power controller, which produces a reference for the
reactive (q-) current that is used to produce a q-current error signal, which is
used further as an input to the current controller that produces the reference
signal to the PWM block.

4. The PWM calculates the duty-cycles of the converter and passes the switching
signals to the VSC valves hence producing the desired voltage reference at the
connection bus.

31



4. Proposed Methodology

Figure 4.7: STATCOM voltage control [8]

4.3 Control Strategy of a STATCOM for SSCI
Mitigation

In order to solve the problem of SSCI by increasing the system’s damping, it is
important to know that these oscillations occur under the following conditions:

1. The presence of a DFIG wind farm which presents negative resistance along
almost the whole sub-synchronous frequency range.

2. The presence of a series compensated transmission line electrically near the
concerned DFIG wind farm: this creates the electrical resonance condition
(not necessarily unstable).

3. The sum of the damping (resistance) of both the network (as seen from the
generator side) and generator (as seen from the network side) is less than zero
according to [16], which renders the resonant oscillations in growing and not
facing any damping in the system.

4. The frequency of oscillations is the frequency at which the sum of those two
resistances is equal to zero (which depends basically on the network )

According to the IEEE PES Wind Plant Collector System Design Working Group
in [3], a 100-MVAR STATCOM provides sufficient reactive power compensation for
a 200 MW wind power plant. This STATCOM will be used to support for reactive
power during normal operations and also to improve the stability of the system dur-
ing SSR conditions. For this purpose, a supplementary controller is developed and
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added to the STATCOM voltage control. This supplementary controller is expected
to drive the STATCOM during the SSR conditions so that it damped these oscilla-
tions.
A major issue in the SSCI due to DFIG is that actually the frequency of the oscilla-
tions is not known since the DFIG wind farm presents negative resistance for almost
the whole sub-synchronous range. This implies that oscillations occur at a certain
frequency only if the electrical damping (resistance) of the network at resonance
frequency is small compared to the magnitude of DIFG resistance at that frequency.
The proposed control strategy involves four steps:

1. Detection of sub-synchronous current components in the output of the DFIG
wind farm.

2. Estimation of the frequency of the detected component.

3. Extraction the component of this frequency in the active power signal.

4. Use of this component -after multiplying it by a gain-to modulate the voltage
reference signal in the STATCOM control in order to damp the oscillations.

4.3.1 Online detection of sub-synchronous components

A major issue in the problem of SSR damping is the detection of sub-synchronous
components in the output current of the wind farm. Available approaches to achieve
this purpose are based on frequency analysis [1][6]. These methods require storage
of signals and then to apply the analysis method to it, which is not acceptable in our
application because of the high speed of SSO build up. Hence, information about
the SSR need to be available online.
Abhisek Ukil in [33] suggests an approach for detecting sub-synchronous components
in a sinusoidal signal on-line. The approach is based on detecting the envelope of
the signal measured. Below is the summary of the method.

Assumptions:

Let us assume that the components that are to be detected are of sub-synchronous
nature and that they are sinusoidal.

Mathematical proof
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Let us assume a fundamental sinusoidal signal

ff = Asin(θ) (4.6)

where A is the signal amplitude and θ is its angular frequency. Let us also assume
the presence of a disturbance signal

fd = Bsin(kθ) (4.7)

where B (6= A) is the disturbance amplitude and k ( 6= 1) is a multiplication factor.
The total signal is then

f = ff + fd = Asin(θ) +Bsin(kθ) (4.8)

Here, the peak signal is considered. In order to take peak in consideration (both
positive and negative peaks), the following condition is assumed:

df

dθ
= Acos(θ) +Bkcos(kθ) = 0 (4.9)

Now, applying Eqn. 4.9 to A2 = A2sin(θ) + A2cos(θ), the following is obtained:

Asin(θ) =
√
A2 − A2cos2(θ)

=
√
A2 −B2k2cos2(kθ)

=
√
A2 −B2k2 +B2k2sin2(kθ)

(4.10)

Replacing Eqn. 4.10 into Eqn. 4.8 gives the expression for the peak of the whole
signal:

fpeak =
√
A2 −B2k2 +B2k2sin2(kθ) +Bsin(kθ) (4.11)

Looking at Eqn. 4.11 it can be noticed that it includes the information of the dis-
turbance. If this disturbance frequency is sub-synchronous (i.e. k < 1) and its am-
plitude is less than that of the fundamental (B 6 A), then the term (B2k2sin2(kθ))
can be neglected, thus giving this approximate term:

f̂peak ≈
√
A2 −B2k2 +Bsin(kθ) = d+Bsin(kθ) (4.12)

where d is an offset, which means that this signal represents the disturbance since
A,B and k are constants. The signal in 4.12 will be periodic if the disturbance
is maintained. Thus, the envelope of the voltage (or current) can be estimated to
indicate the presence of a sub-synchronous components.

Envelope detection method

The typical diode circuit is to detect the envelope of a sinusoidal signal is the circuit
shown in Figure 4.8
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Figure 4.8: Typical electronic circuit for envelope detection

where Vin(t) represents the disturbed sinusoidal signal and Vout(t) is the envelope of
that signal. In this circuit, the diode allows current only in the positive half of the
input signal while the capacitor stores the charge during the rising part of the input
signal and discharges it slowly during the falling part.
Figure 4.9 shows the tracking of the envelope (in red) of the signal (in blue).

Figure 4.9: Envelope detector output using the diode detector

The problem with this method is that is has sharp transition from the bottom of the
envelope to its top. This sharp transition gives undesired spikes when the derivative
og the envelope is taken later on. A more convenient method for envelope detection is
by squaring and low-pass filtering of the signal [23]. This gives a smoother envelope
signal as shown in Figure 4.11. Figure 4.10 shows the implementation of the detector
in PSCAD.
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Figure 4.10: Envelope detector implementation in PSCAD

Figure 4.11 demonstrates the use of the envelope detector, where the upper figure
shows the voltage of the wind farm and the SSCI is triggered at time=0.5 s. The
presence of SSR modulates the signal as seen in the top figure. The middle fig-
ure shows the extraction of the envelope while the bottom one shows both signals
together.

Figure 4.11: Detection of envelope of a distorted signal

It is to be noted that the first low pass filter has a cut-off frequency of double the
fundamental frequency (100 Hz in our case) since the squaring doubles the frequency.
The second filter’s cut-off frequency is 45 Hz (the typical upper limit of the sub-
synchronous range).
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4.3.2 Frequency estimation

After detecting the presence of sub-synchronous components, it is now possible to
estimate its frequency.
A simple method of zero-crossing detection is used, but before that it is necessary to
obtain the derivative of the envelope. The reason behind this is that under normal
conditions, the envelope is a d.c. signal (greater than zero), so it is not possible
to get zero-crossing for it. However, differentiating allows to set the offset to zero
so that when the oscillations appear, it would be possible to apply a zero-crossing
detection method.

4.3.3 Extraction of sub-synchronous components

After detecting the presence of a sub-synchronous component in our signal and then
estimating its frequency, it is time now to extract it from a measure quantity to be
used as a control signal. The control signal selected here is the real power output of
the DFIG wind farm since it includes all the information of both voltage and current
at the terminal of the wind farm.
Different methods are available to perform this task. A very common one is the
method of cascaded filter links presented in [7], which employs three filters (washout,
low pass and lead-lag compensator)to obtain the desired component of certain fre-
quency.
In our case, another method which gives more accurate and higher selectivity of fre-
quencies is used. It also gives a faster response as compared to the cascaded filters
method. This method is based on the use of low pass filters [7].

Mathematical proof

The following is a mathematical demonstration on how the LPF method works.
Assuming that the signal used is active power, then it can be expressed as follows

p(t) = P0(t) + Posc(t) = P0 + Pph(t)cos(ωosct+ φ(t)) (4.13)

where Posc expresses the oscillatory power component. It is further expressed by its
amplitude (Pph), angular frequency (ωosc) and phase (ϕ).

The oscillatory active power term in 4.13 can be expressed as the phasor P ph =
Pphe

jϕ with an oscillation angle θosc(t) = ωosct, and then the measured power signal
can be written as follows:
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p(t) = P0(t) +Real[P ph(t)ejθosc(t)] = P0(t) + 1
2Pph(t)e

jθosc(t) + P ∗
ph(t)e−jθosc(t)

(4.14)
Considering that P0 and P ph are slowly varying signals, then it can be concluded
that Eqn. 4.14 contains three frequencies: 0, ±ωosc. Now, applying low-pass filter
to 4.14 it is possible to obtain estimations for the signals: P0, P ph , and Posc as
follows:

P̃0(t) = H0[p(t)− P̃osc] (4.15)

P̃ph = Hph[2p(t)− 2P̃0(t)− P̃ ∗
ph(t)e−jθosc(t)]e−jθosc(t) (4.16)

P̃osc = 1
2 P̃ ph(t)ejθosc(t) + P̃

∗
ph(t)e−jθosc(t) (4.17)

whereH0 andHph are the low-pass filter transfer functions for average and phasor ex-
traction. The "Tilde" above any of the above represents an estimate of that quantity.

The two filters H0 and Hph are selected to be low-pass filters with the following
transfer function (in S-domain):

H0(s) = Hph(s) = αLPF
s+ αLPF

(4.18)

In order to get the desired response, the cut-off frequencies of the two LPFs are
selected to be smaller than the frequency of the oscillation (typically one tenth of
it).
In order to get the frequency response of this controller, its state-space model is
obtained according to [4] which has p(t) as input and Posc as output as follows:

d

dt

 P̃0
P̃osc
P̃β

 =

 −αLPF −αLPF 0
−2αLPF −2αLPF −ωosc

0 ωosc 0


 P̃0
P̃osc
P̃β

+

 αLPF2αLPF
0

 p(t)

y=
[
0 1 0

]  P̃0
P̃osc
P̃β

 (4.19)

Figure 4.12 shows two Bode plots obtained using the state-space model in 4.3.3 for
two oscillation frequencies.
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Figure 4.12: Bode plots of the low-pass filter method used to extract a signal
with a certain frequency

Note that the transfer function has a gain of 1 at the required frequency while the
phase shift at that frequency is 0 degrees. This attenuates the unwanted frequencies
and outputs the signal of the desired frequency with a gain of 1.

4.3.3.1 Overall STATCOM System for SSCI Mitigation

The following block diagram summarises the proposed control strategy for SSCI
damping using a STATCOM.

39



4. Proposed Methodology

Figure 4.13: Control strategy of a STATCOM for SSCI damping

The first step is to detect the presence of an envelope on the instantaneous voltage
signal of the DFIG wind farm. This envelope contains the information about the
sub-synchronous components. In order to estimate the frequency of the envelope,
it is passed through a differentiation block which outputs zero in the case of no
sub-synchronous components. The zero crossing detection of the derivative is then
used to estimate the frequency of the envelope. After estimating it, the frequency
is next passed to the signal extraction block which tracks the power component of
that frequency. This signal is further used, after a proper gain, to modulate the
voltage reference of the STATCOM. This modulation adds the proper damping to
the sub-synchronous power oscillations at the output of the DFIG wind farm.

4.3.4 Summary

In this chapter, the analysis and damping methodology is presented. The analysis
method includes first obtaining the impedance-frequency scan of both the series-
compensated network and the DFIG plant both seen from the PCC. This frequency
scan gives an idea about how the DFIG impedance and resistance look like along
the whole sub-synchronous frequency range. After that, the net-positive damping
criterion and the Nyquist stability criterion can be applied. This method allows to
evaluate the stability of the whole system graphically. To conclude, a novel control
strategy is presented. It is based on detecting the presence of sub-synchronous com-
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ponents and then accordingly modulating the voltage reference for the STATCOM.
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5
Case Studies

In this chapter, the results obtained from the proposed methodology are presented;
first for the positive-net damping criterion using Nyquist method simulations and
after for the time-domain simulations. For both approaches, different scenarios
have been considered corresponding to different compensation levels, DFIG power
outputs and DFIG controller bandwidths. The size of the wind farm is 892.4 MW
while the size of the STATCOM used is 150 MVAR. For all of the simulations, the
DFIG wind farm active power, voltage and line current are plotted.

5.1 Frequency-domain simulations

5.1.1 DFIG-side frequency-impedance scan

To gain insight on the DFIG impedance behaviour, impedance-frequency scan was
performed on the DFIG wind-farm using PSCAD at its input as shown in 5.1 (block
"DFIG AGG"). The idea is to apply 3-phase 50-Hz (fundamental frequency) voltage
with the nominal voltage (33 kV RMS) and then modulate it with another small
signal (about 5% of the nominal RMS) at different sub-synchronous frequencies in
order to be able to obtain the harmonic impedance below the 50 Hz as shown in
Fig. 5.1. The 33 kV rms is created by

The procedure is to run 49 cases with different frequency of the modulating signal
(1 Hz step for each run) starting from 1 Hz and ending at 49 Hz. For each phase
there is one DC source whose amplitude is controlled by a sum of two cosine signals:
one is fixed at the fundamental frequency (50 Hz) with amplitude of 27 kV while
the other cosine signal has amplitude of 1.35 kV and an incremental frequency at
each run. This frequency is controlled by the "Multiple Run" block in Fig. 5.1. For
each run, voltage is injected and it is recorded along with the DFIG current.After
the DFIG reaches steady state (in terms of voltage and power), FFT (Fast Fourier
Transform) is applied to both voltage and current signals and in order to obtain
the harmonic impedance. Applying FFT means obtaining the magnitude and phase
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of voltage and current at each frequency step, for example, for a frequency of 17
Hz: voltage is: V(17) = V (17) φV (17) while current is: I(17) = I(17) φI(17). The
impedance at that frequency will be: Z(17)=V(17)

I(17) = V (17) φV (17)
I(17) φI(17)

Distinct scenarios are studied to get knowledge about the behaviour of the DFIG
impedance along the sub-synchronous range, for example for different power output
levels and different current controller bandwidth values (αCC).

Figure 5.1: PSCAD setup used to perform the frequency of the DFIG wind farm

Different power output levels

Different operation conditions where simulated in terms of DFIG reference active
power, which showed different behaviour of DFIG harmonic impedance as shown in
Fig. 5.2. As depicted, the DFIG has more negative resistance at lower power output
reference.
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Figure 5.2: DFIG impedance scan: Different power output levels,
αCC = 1pu,Qref = 0pu

The results indicate that for different power reference levels, the DFIG has different
harmonic impedance. The lower the power is, the lower the resistance of the DFIG
becomes. This means that for higher generation levels, the DFIG is less prone to
SSCI since it would need less damping (resistance) from the system’s side. The
opposite happens when the generation level is lower, the DFIG resistance is more
negative requiring the same amount and more of positive resistance from the grid
side to avoid having SSCI condition.

Different current controller bandwidth αCC

Different current controller bandwidths αCC are used to investigate the effect of
DFIG controller parameters in the generator’s impedance. To do this, the reference
power was fixed and only αCC was changed. Fig. 5.3 illustrates the effect of the
αCC change on the generator’s harmonic impedance.

45



5. Case Studies

Figure 5.3: DFIG impedance scan: Different current controller bandwidth
αCC , P ref = 0.9pu,Qref = 0pu

It can be noted that the higher the controller bandwidth is (faster controller), the
more negative the DFIG resistance becomes. The lowest resistance is for αCC = 4
and the highest is for αCC = 1. This means that the faster the current controller
is, the more damping (resistance) the DFIG needs from the network to achieve a
net-positive damping and thus avoid sub-synchronous resonance.

5.1.2 Net positive damping criterion (using Nyquist stabil-
ity criterion)

The Nyquist stability criterion described in section 4.1.3 was employed to investi-
gate the effect of the different system’s parameters on its stability. The criterion
can be applied as follows: the system is unstable if the real part is smaller than (-1)
when the imaginary part is (0) i.e. (Real(ZG(jω))YL(jω) < 0) and the lower part
is the imaginary part (Imaginary(ZG(jω))YL(jω) = 0). Applying the criterion for
different scenarios, the following results are obtained:

Different current controller bandwidth αCC

Fig. 5.4 depicts the application of the Nyquist criterion for stability to the open
loop system shown in Eqn. 4.3 in Section 4.1.3. The upper plot shows the real part
of the open loop transfer function and the imaginary part is shown in the lower plot.
It can be noticed that the lines of the imaginary part for the different αCC cross the
zero line at almost the same frequency, which means that for the three cases the
system will have sub-synchronous oscillations at almost the same frequency (16 Hz)
since all of the lines in the real part plot are below -1. However, looking at the real
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part plot, it can be noticed that the lower the value of αCC , the more damping there
is in the system, which means that higher αCC values imply a system more prone
to SSCI.

Figure 5.4: Evaluation of stability using Nyquist criterion for different current
controller bandwidth αCC : upper plot: real part or open loop transfer function,

lower part: imaginary part of open loop transfer function, P = 0.9pu,Qref = 0pu

Different compensation levels:

Fig. 5.5 illustrates the application of the criterion for different compensation levels,
but for the same power and controller parameters. It is clear that in the case of no
compensation, the system is stable since both real and imaginary parts are positive.
The 8% compensation level shows a stable system as well since when the imaginary
part crosses the 0, the real part is larger than -1. As for the compensation level of
25% and higher levels there is instability since for all these values, the real part is
less than 1 when the imaginary part is 0. This implies less stable conditions and
different frequencies of oscillations in case of SSCI.
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Figure 5.5: Evaluation of stability using Nyquist criterion for different
compensation levels: upper plot: real part or open loop transfer function, lower
part: imaginary part of open loop transfer function, αCC , P = 0.9pu,Qref = 0pu

5.2 Time-domain simulations

In this section, time domain simulations are be conducted in PSCAD/EMTDC. The
SSCI event is created by opening the breaker BRK_SC in the circuit in Fig. 5.6.

Figure 5.6: Screen print of the used IEEE FBM model

The event is created at 0.2 seconds. Opening the circuit breaker BRK_SC leaves
the DFIG wind farm connected radially to the series-compensated line which re-
sembles the first SSCI event in Zorillo. Different scenarios are simulated in the
following.

5.2.1 Different power outputs

Cases are run for two different power outputs from the DFIG wind-farm. Both cur-
rent controller bandwidth of DFIG and series compensation level are kept constant
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(αCC = 1pu Compensation level % = 60%). Fig. 5.7 depicts the obtained results.

Figure 5.7: Different power reference: output power (top), terminal voltage and
line current (bottom) Blue: Pref = 0.9 pu, pu, Red: Pref = 0.25 pu, αCC = 2.0 pu,

Compensation=60%, Qref = 0.0 pu

It can be noticed that the different power references do not affect the frequency of
the oscillations. However, the lower power output curve shows a faster build up of
oscillations than the higher power output of 0.9 p.u. This shows that the operation
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conditions of the DFIG wind farm connected to series-compensated line can affect
the stability of the system: the higher the output power is, the more stable the
system becomes.

5.2.2 Different current controller bandwidths (αCC)

For different values of DFIG current controller bandwidth (αCC), but fixed power
output and compensation level, cases are run and the results are obtained for three
values of αCC (1,2, and 6 pu).

Figure 5.8: Different current controller bandwidth (aCC): output power (top),
terminal voltage and line current (bottom) Blue: αCC = 2.0 pu, Red: αCC = 1.0

pu, Pref = 0.9 pu, Qref = 0.0 pu
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Fig: 5.8 shows two lines for two different αCC : 1 pu and 2 pu for a certain compen-
sation level (12%). It is clear that for a slower current controller (αCC = 1 pu), the
system is stable and no growing oscillations show up, while for the same conditions,
a DFIG with αCC = 2 pu, the system experiences sub-synchronous oscillations,
which proves that the controller parameters are part of the SSCI problem.

Figure 5.9: Different current controller bandwidth (aCC): output power (top),
terminal voltage and line current (bottom) Blue: αCC = 2.0 pu, Red: αCC = 6.0

pu, Pref = 0.9 pu, Qref = 0.0 pu

Another scenario was to run two more cases: one with αCC = 2 pu and the other
with αCC = 6 pu. It is noticed that the faster the current controller is the more
severe the oscillations become in terms of speed of oscillation growth. Another
aspect to be noticed is that for both cases, the frequency of oscillations is the same.
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5.2.3 Different compensation levels

The series compensation level was changed for each case while keeping the output
power and also the current controller bandwidth fixed.
Figures 5.10 and 5.11 show the effect of different compensation levels on the output
power, line current and terminal voltage.

Figure 5.10: plots of output power (top), terminal voltage and line current
(bottom) at the output of the aggregated wind farm after triggering oscillations at
time 0.1 seconds. Blue: 8% compensation, Red: 25% compensation, αCC = 1.0 pu
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Figure 5.11: plots of output power (top), terminal voltage and line current
(bottom) at the output of the aggregated wind farm after triggering oscillations at
time 0.1 seconds. Blue: 25% compensation, Red: 60% compensation, αCC = 1.0 pu

The frequency of oscillations for each compensation level was recorded in the fol-
lowing table:
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Table 5.1: Frequency of oscillation for different compensation levels

Compensation level Frequency
8 % 0 Hz
25 % 10.6 Hz
40 % 13.3 Hz
60 % 16.5 Hz

5.3 Discussion

In the previous sections, two methods are applied to study SSCI in the IEEE FBM
system. The first was a frequency domain method based on the net-positive damping
criterion using Nyquist stability. The second is a time-domain method in which the
system model in PSCAD/EMTDC was used, and then a contingency was created to
render the DFIG radially connected to the series-compensated line. The following
conclusions are made:

• The DFIG harmonic impedance scans show that the DFIG resistance is neg-
ative for the whole sub-synchronous range. Since in electrical systems the
resistance is the damping parameter, then the presence of negative resistance
implies growing oscillations instead of damping. This is the main issue regard-
ing the DFIG wind-farm stability.

• In order for the electrical system not to experience SSCI, it should have net
positive damping. This means that for the sub-synchronous range, if the
system to which the DFIG is connected has positive resistance greater than
the magnitude of the DFIG resistance in the sub-synchronous range, then the
system will not suffer SSCI oscillations

• From time-domain simulations, it is seen that the factor that affects the oscil-
lations’ frequency and amplitude the most is the compensation level since it
directly changes the impedance of the line and its resonance frequency. Also
the αCC affects the DFIG stability as it affects its impedance.

• DFIG wind farms exhibit varying negative resistance in the sub-synchronous
range as the active power reference (wind speed in real life) varies. This im-
plies the fact that the resonance conditions for DFIG-based wind-farm changes
since the wind speed is not fixed. The plots show that low wind speeds
represent more dangerous conditions for the occurrence of SSCI than larger
speeds.However, the Nyquist plots show that the frequency of the oscillations
for different power levels vary but very slightly.

• Another parameter that is interesting to notice is the effect of current controller
bandwidth (αCC) change, which in our case affects only the dynamics of the
RSC. It was shown in time-domain analysis that (for a certain compensation
level) if the RSC current controller was slow enough, the system would be
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stable, while for the same compensation level a faster current controller would
laed to unstable sub-synchronous oscillations

• Effect of compensation level: The DFIG has negative resistance along the
whole sub-synchronous frequency range, then the instability of the system
depends on how much positive damping is offered by the electric network,
which depends highly on the compensation level. Compensation level as well
directly affects the resonant frequency as well. That’s why according to Table
5.1, there are different oscillation frequencies for different compensation levels.

Comparing the time- and frequency-domain results, the following can be concluded:

• For the different αCC cases, it was seen that the different αCC do not affect the
frequency of the oscillations which can be seen in Fig. 5.9 and Fig. 5.4. How-
ever, for faster current controllers, the system is more unstable and oscillations
grow much faster.

• For the different compensation levels, both time and frequency domain simu-
lations show that the higher the compensation level, the higher the frequency
of oscillations, as seen in the two figures: Fig. 5.11 and Fig: 5.5

5.4 Damping of sub-synchronous oscillations with
STATCOM

In this section, different scenarios will be presented to explore the behaviour of
the DFIG in case of radial connection to series-compensated transmission line and
the presence of 150 MVAR STATCOM at the wind farm bus. The scenarios will
include the operation of STATCOM on voltage control and the inclusion of SSDC
(Sub-Synchronous Damping Controller). Also, the change of compensation levels,
DFIG current controller parameters and power reference. Moreover the system’s
behaviour to re-closing of the breaker will be studied. In the following, SSDC refers
to Sub-Synchronous Damping Controller (as used in many papers), which refers to
the controller used to modulate the STATCOM voltage reference in order to damp
the sub-synchronous oscillations.

5.4.1 STATCOM with voltage control only

First, the effect of the STATCOM at the wind farm bus with only voltage control
is studied.
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Figure 5.12: Plots of: output power (top), terminal voltage (middle) and line
current (bottom) of the DFIG after triggering oscillations at time 0.2 seconds.

Blue: With STATCOM (voltage control only), Red: No STATCOM, Pref = 0.9 pu, Qref = 0.0 pu

In Fig. 5.4.1 it can be noticed that even without adding any sub-synchronous
damping loop. This can be attributed to the filters connected to the STATCOM.
Since the STATCOM is connected at the DFIG plant bus, then they can affect the
impedance seen by the network at the DFIG bus.

5.4.2 STATCOM with voltage control only for different αCC

values

To check the effect of the DFIG control parameters on the STATCOM ability to
damp the oscillations, the scenario depicted in Fig: 5.13 was studied

56



5. Case Studies

Figure 5.13: Plots of: output power (top), terminal voltage (second), line current
(third), STATCOM reactive power (bottom) triggering oscillations at time 0.2

seconds. Blue: αCC = 4 , Red: αCC = 1, Pref = 0.9 pu, Qref = 0.0 pu

It can be seen that for slow DFIG controller (αCC = 1), the presence of the STAT-
COM (and its filters) added damping to the system (for compensation level=60%
and output power=0.9pu) without even the need for the SSDC (the red line in the
figure). While for faster current controller, the STATCOM (plus its filters) could
not do the task.
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5.4.3 STATCOM with SSDC

The controller discussed in Chapter 4 was added to the STATCOM connected to
the wind farm bus and applied to damp the SSO.
As depicted, the controller was started at t ≈ 0.3s. Note that in this way, the
STATCOM was able to damp the oscillations both in voltage and current output
of the DFIG after triggering the event at t ≈ 0.2s. The bottom figure shows the
reactive power injected by the STATCOM to damp the oscillations by controlling
the voltage at the connection point.

Figure 5.14: Plots of: output power (top), terminal voltage (second), line current
(third), STATCOM reactive power (bottom) triggering oscillations at time 0.2
seconds. Blue: With STATCOM (plus SSDC), Red: Without STATCOM,

Pref = 0.9 pu, Qref = 0.0 pu
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It is also interesting to compare the effect of the STATCOM with and without the
SSDC in Fig: 5.15 below.
The figure shows the effects of the STATCOM SSDC which is clear in damping the
oscillations in both current and voltage.
An interesting aspect to be noticed is that the controller not only adds the proper
amplitude of reactive power, but also the proper phase shift, which is a very impor-
tant feature to follow the fast changing oscillations.

Figure 5.15: Plots of: output power (top), terminal voltage (second), line current
(third), STATCOM reactive power (bottom) triggering oscillations at time 0.2
seconds. Blue: With STATCOM (plus SSDC), Red: With STATCOM (voltage

control only)
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5.4.4 Re-closing the breaker

It is interesting to see the effect of the STATCOM on the stability of the system
after re-closing the breaker (after the oscillations had started to grow). In this case,
it is only the impact of the STATCOM voltage controller to be investigated (SSDC
is disabled).

Figure 5.16: Plots of: output power (top), terminal voltage (second), line current
(third), STATCOM reactive power (bottom) triggering oscillations at time 0.2
seconds. Blue: Without STATCOM , Red: With STATCOM (voltage control

only),Green: STATCOM (with SSDC)
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In Fig. 5.16, it is clear that the STATCOM improves the system’s stability by
adding damping to the oscillations. The event was established at 0.2 seconds and the
breaker was re-closed at 0.6 seconds. The effect is very clear in the magnitude of the
overshoot that the system experiences in both cases. It is obvious that STATCOM
adds very considerable damping to the oscillations even without the SSDC loop.
However, as previously explained, this damping comes from the STATCOM filters
which change the impedance seen by the network from the DFIG bus. Adding the
activation of the SSDC loop gives more stable performance, which can be noticed
in the green line in the same figure.

5.5 Conclusions

In this chapter, the SSCI of DFIG-based wind farm connected to a series-compensated
transmission line has been investigated. The analysis is conducted in both time-
domain and frequency-domain to gain more insight of the reasons behind the sub-
synchronous phenomenon. The following conclusions can be listed:

1. For the study, the IEEE FBM for SSR computer studies was used and mod-
ified for the specific analysis. This was done by replacing the synchronous
machine with an aggregated DFIG wind farm. All of the simulations are in
PSCAD/EMTDC.

2. Frequency domain studies showed that the DFIG exhibits negative resistance
along the whole sub-synchronous range, which is the main reason that causes
the instability. This means that the presence of DFIG actually adds negative
damping to the network at this frequency range.

3. Different parameters affect the oscillations levels, speed of growing and fre-
quency. These parameters are: level of series capacitive compensation, DFIG
control parameters and power level.

4. The faster the DFIG RSC current controller is (larger αCC), the more likely it
is that the system will suffer SSCI. This is shown by noticing how the change
of αCC affects the impedance of the DFIG. The faster the current controller
is, the more negative the DFIG resistance is which makes the DFIG system
more prone to susb-synchronous stability. This however does not affect the
frequency of the oscillations.

5. The higher the compensation level, the more likely it is that oscillations will
occur. Also, this leads to an increase of the frequency of oscillations.

6. Finally, the STATCOM was used to successfully damp the SSO and different
cases are presented.
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6
Conclusions and future work

6.1 Conclusions

In this thesis the sub-synchronous controller interaction (SSCI) of a DFIG wind
farm connected to a series compensated transmission line has been studied. The
IEEE FBM for SSR studies is used; the synchronous generator in the original model
was replaced by a DFIG wind farm. For the simulations, PSCAD/EMTDC is used
for the whole study.

The first part of the thesis is dedicated to the analysis, in order to provide un-
derstanding of the SSCI phenomenon. This is done both in frequency-domain and
time-domain. Frequency-domain analysis is conducted in two steps:

1. By doing impedance-frequency scan of the DFIG wind farm. It is found that
the DFIG wind farm exhibits negative resistance (real part of the impedance)
in the sub-synchronous frequency range. This proves that the DFIG con-
tributes to the problem of instability at this frequency range since it adds
negative damping, which could lead to growing oscillations. It is also found
that different parameters affect this impedance, in particular the RSC current
controller bandwidth. The faster this controller is, the more negative the re-
sistance becomes. Also, the DFIG reference power is found to have an effect
on the impedance as well: the lower the power reference is, the more negative
the resistance becomes.

2. By applying the net-positive damping criterion on the closed loop system of
the DFIG-network. The Nyquist criterion is used for this and it is shown
that the DFIG RSC controller bandwidth affects SSCI as well as the series-
compensation level, which is proven to affect the frequency of oscillations very
significantly.

As for time domain analysis, it is simply done by running the simulations and apply-
ing the condition that creates the oscillations. Different cases are studied for differ-
ent RSC current controller bandwidths, different compensation levels and different
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power reference levels. The same conclusions are made as in the frequency-domain
analysis.

The second part of thesis is to use the STATCOM in damping the oscillations. A
novel controller is implemented, which first detects the presence of sub-synchronous
oscillations in the voltage or current signal by extracting its envelope waveform.
Then, after the current exceeds a certain threshold, the frequency of the envelope is
estimated and after that this estimation is used to extract the power component of
that frequency. This signal is further multiplied by an empirical constant (found by
trial and error) and then used to modulate the STATCOM voltage reference.

Satisfactory results are obtained as the oscillations of power and voltage are damped
for different scenarios.

6.2 Future work

Different aspects could be further studied such as making use of the impedance-
frequency scan of the DFIG in damping the oscillations. This can be done by
obtaining an impedance scan of the connected STATCOM and its control so that
the total resistance of the DFIG+STATCOM combination becomes positive for the
sub-synchronous frequency range.

Another interesting thing to be investigated is to systematically select the damping
signal. Different tests can be done using other signals such as frequency or voltage.
The gain of the power signal that modulates the voltage reference can also be se-
lected in a more systematic way such as optimal tuning of a PI controller to obtain
more robust results.

Another area that could be studied is the behaviour of the DFIG for frequencies
above synchronous frequencies (maybe a up until a few multiples of the base fre-
quencies) as it has been shown in some publications that a grid-connected VSC has
a negative input admittance for frequencies higher than the fundamental [15]. The
case studied here would be the interaction of the DFIG with nearby LC filters tuned
to some harmonic frequencies. An event can be created that renders the DFIG
closely connected to the LC filter.
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