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Abstract

Simultaneous wireless information and power transfer (SWIPT) is an emerging technol-
ogy that has received significant attention recently. In a communication system with
SWIPT capabilities, both of these tasks, information and power transfer is done over
wireless medium simultaneously instead of making these separately. In addition to pro-
viding a reliable alternative to powering communication networks solely with batteries or
with cables, SWIPT capabilities bring increased mobility and prolong network uptime.

In this thesis, SWIPT in a multiple-antenna relay system with multiple users is stud-
ied. The relay is used for increasing communication range for the information receivers
(IRs) as well as powering the energy harvesting receivers (ERs) that demand power. We
focus on the design of the amplify-and-forward strategy at the relay (relay precoder) and
the precoder at the base station. The minimum mean-square error (MMSE) is used as
the performance criterion for information transfer. We consider two main scenarios: i)
one-way relay system and ii) two-way relay system.

For the one-way relay system, the relay amplify-and-forward strategy (relay precoder)
to minimize the MMSE from the base station to the information user while satisfying
energy harvesting constraints at the energy harvesting users is investigated. For the
two-way relay system, minimizing the MMSE from the information users to the base
station while satisfying the signal-to-interference-plus-noise-ratio (SINR) constraints at
the information users and the energy harvesting constraints at the ERs is considered.
Here the precoders at the base station and the relay are optimized jointly.

These problem formulations lead to non-convex optimization problems. Due to limi-
tations of the available approaches for solving these problems, a novel numerical approach
is proposed. Using the proposed technique, the trade-offs between the MMSE and the
energy harvesting constraints are found. The results show that it is important to design
novel transmission techniques in order to deliver information and energy simultaneously
more efficiently. The performance of the proposed designs is also compared with the
performance of the some existing techniques in the literature that is developed for some
special scenarios and it is observed that the proposed designs provide the same perfor-
mance with these existing techniques in these special cases. The rate of the convergence
of the proposed method is also investigated and it is found suitable for solving the men-
tioned problems.

Keywords: MIMO channel, two-way relay systems, simultaneous information and power
transfer (SWIPT), amplify-and-forward strategy, minimum mean square error (MMSE),
non-convex optimization problem
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1
Introduction

Wireless communication is the fastest growing segment of the communication indus-
try [1]. Laptops, cellular phone, wireless sensor network, remote media and many other
applications and businesses become a critical part of everybody’s life in most countries
of the world. This explosive growth and demand for higher throughput in addition
to the inherent complexity of wireless propagation environments bring more technical
challenges in designing and implementing robust wireless systems.

Multiple antenna techniques improve the performance of wireless connections from
both capacity and reliability aspects. MIMO systems send the same data in different
propagation paths, which is called spatial diversity, to achieve diversity gain and improve
reliability of the system. Besides, these systems transmit different portions of the data,
which is named spatial-multiplexing, to attain multiplexing gain and improve the data
rate [1].

Relaying, in cooperation with base station, is a promising strategy and cost effective
solution to extend coverage range and overcome the losses due to different factors, includ-
ing fading and interference. The most known relaying strategies are amplify-and-forward
(AF), decode-and-forward (DF) and compressed-and-forward. In amplify-and-forward
strategy, relay stations amplify the received signal from the source and forward it to
the destination. Relays with decode-and-forward strategy listen for a transmitted signal
from source and decode it. In the case of correct decoding, relays forward signal to
the destination. The compressed-and-forward strategy allows the relay station to com-
press received signal and forward it without decoding [2],[3]. Amplify-and-forward relay
strategy is promising due to its low complexity compared to other strategies [4].

Two common protocols for relay transmission are one-way (OWRT) and two-way
(TWRT). In one-way relay transmission, one transmission from source to destination
occupies two channels at the same time. Hence, OWRT suffers from the half spectral
efficiency [5]. In two-way relay transmission protocol, source and destination send signals
at the same time to the relay and relay transmit received signals to both source and
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CHAPTER 1. INTRODUCTION

destination, therefore this protocol improves the poor spectral efficiency of OWRT [4].
Two-way relay transmission due to self-interference cancellation by network coding and
improving spectral efficiency has received significant interest [6],[7].

In addition, energy-constrained wireless systems (ECWS) typically use batteries.
Recharging of these batteries is expensive, inconvenient and sometimes impossible. Hence,
recovering energy from other resources is an appropriate, safe and environment-friendly
solution for ECWS. Due to some limitations of natural resources like solar or wind for
ECWS, wireless power transfer looks very promising. Radio frequency (RF) signals can
be a practical source of energy for low power consumption applications such as sensor
networks [8].

Simultaneous wireless information and power transfer (SWIPT) is an interesting area
that has attracted many significant attentions recently [9]. The SWIPT concept was
introduced first in [10] that showed there was a fundamental trade-off between reliable
transferred information and the rate of harvested energy in a single Gaussian channel.
This research has been extended later to frequency selective channels [11]. Practical
schemes in receivers for allowing SWIPT were proposed in [12],[13]. In these papers two
methods of time switching (TS) and power splitting (PS) for this purpose have been
suggested. Getting better efficiency by using multiple antenna techniques was focused
in [8]. In all these studies, channel state information (CSI) was available in transmitter,
but imperfect CSI has also been investigated in [14],[15].

In [16] achievable throughput of SWIPT in relay systems with two TS and PS meth-
ods in the delay-limited and delay-tolerant destinations have been investigated. Energy
harvesting in multiple relay system in an analog network coding based on two-way relay
system has been studied in [17]. In this study, a comparison between SWIPT and sub-
time slot information and energy splitting has been done. In [18], short-term throughput
maximization and transmission completion time minimization as criteria for two-way re-
lay system has been examined. The results showed the importance of TS and PS in
short-term throughput maximization in two-way relay systems. In [19], wireless infor-
mation and power transfer in MIMO channel under Rician fading has been investigated.

In this thesis, SWIPT in a multiple antenna relay system with two-way amplify-
and-forward strategy for multiple users is considered. The main aim of this thesis is
to design precoders for the base station (BSP), for relay (RP) or for base station and
relay jointly (BSRP) to transfer information with minimum error from information users
to base station while requested power transfers from relay to energy harvesting users
(ER) and satisfy signal-to-interference-plus-noise ratio (SINR) demands at information
receivers (IRs).

To achieve this goal, relay systems are modeled and optimization problems for men-
tioned scenarios (BSP, RP and BSRP) are formulated. A new technique to solve these
problems is proposed. Simulations are carried out to demonstrate the performance of
SWIPT in different scenarios by the proposed technique.

The following notation is used throughout the thesis. Uppercase and lowercase letters
denote matrices, and column/row vectors respectively. The complex conjugate trans-
pose and transpose of a matrix A are denoted by AH and AT . The operators E(.),
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CHAPTER 1. INTRODUCTION

tr(.), rank(.) and det(.) denote the expectation, trace, rank and determinant operators
respectively. Identity matrix has been denoted with suitable dimensions. Cm×n denotes
the space of m × n matrices with complex entries. Positive semi-definite ordering is
denoted by �, where A � 0 denotes a Hermitian positive semi-definite matrix.
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2
Linear Precoder and

Amplify-and-Forward Strategies

2.1 Simultaneous Wireless Information and Power Trans-
fer in MIMO Channel without Relay

In this chapter three different scenarios including information transfer, power transfer
and simultaneous information and power transfer in MIMO channel will be modeled,
formulated and optimization problems will be defined. Besides, analytical solutions for
some scenarios and methodologies for solving these optimization problems are intro-
duced.

2.1.1 Information Transfer in MIMO Channel

In this section, the system model for information transfer is introduced and all math-
ematical equations that describe the system are explained. Finally, the optimization
problem and methodologies for solving them are presented.

System Model

In Figure 2.1, the model of the system is shown. In this model, the transmitter uses
a linear precoder (AIR ∈ Cnt×ns) to precode the input information (sn) and sends it
through MIMO channel (HIR2IR ∈ Cnr×nt) which is subject to noise (nIR2IR ∈ Cnr×nr).
The receiver, by using the suitable estimator (BIR ∈ Cns×nr), forms an estimate of sent
information (ŝn) from the received signal.

As it has been mentioned before, the transmitter precodes the input information as
follows

x = AIR.sn (2.1)

5
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AIR HIR2IR BIR+x ysn sn

nIR2IR
Source Channel IR2IR Receiver

Figure 2.1: System model for information transfer

Received signal at the input of the receiver is as follows

y = HIR2IR.AIR.sn + nIR2IR (2.2)

The receiver forms an estimate of the sent signal

ŝn = BIR.(HIR2IR.AIR.sn + nIR2IR) (2.3)

MMSE Estimation Problem

In this section, minimum mean square error (MMSE) estimation to form the estimate
of information data is explained. The target is to minimize the following error

Error = E[‖ŝn − sn‖2] (2.4)

This error can be written in following format

Error = E[‖BIR.(HIR2IR.AIR.sn + nIR2IR)− sn‖2] (2.5)

By the using derivative with respect to BIR, BIR can be obtained as

∂Error

∂BIR
= 0⇒ BIR = Ksy.K

−1
y (2.6)

In this equation, Ksy, the co-variance of input information and received signal in receiver
and Ky, the co-variance of received signal can be written as

Ksy = Ks.A
H
IR.H

H
IR2IR (2.7)

Ky = HIR2IR.AIR.Ks.A
H
IR.H

H
IR2IR +Kn (2.8)

In the two recent equations, Ks and Kn are the co-variance of input information and
the co-variance of noise respectively.
By replacing equation (2.6) in (2.5) and considering E[‖Z‖2] = E[tr(Z.ZH)] = tr(E[Z.ZH ]),
the error can be expressed by

Error = tr(Ks −Ksy.K
−1
y .KH

sy) (2.9)

6
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Precoder Optimization for Information Transfer

The delivered power by source can be written as

PS = E[‖x‖2] = tr(AIR.Ks.A
H
IR) (2.10)

Now the MMSE optimization problem, by considering limited power of source for sending
information, can be written as

min
AIR

tr(Ks −Ksy.K
−1
y .KH

sy) (2.11a)

s.t. tr(AIR.Ks.A
H
IR) ≤ PMax

Source (2.11b)

In the next section analytical solution for solving this optimization problem will be
explained.

Analytical Solution

In this section, the analytical solution for solving (2.11) is explained. By using Woodbury
Identity which can be expressed as [11]

(A− U.C−1.V )−1 = A−1 +A−1.U.(C − V.A−1.U)−1.V.A−1 (2.12)

and by replacing equation (2.7) and (2.8) and supposing Kn = σ2nIR2IR
· I and Ks = I,

this optimization problem can be simplified as

min
AIR

tr(I +
1

σ2nIR2IR

AHIR.H
H
IR2IR.HIR2IR.AIR)−1 (2.13a)

s.t. tr(AIR.A
H
IR) ≤ PMax

Source (2.13b)

By considering the following lemma [20]

tr(In∗n +An∗m.Bm∗n)−1 = tr(Im∗m +Bm∗n.An∗m)−1 + n−m (2.14)

the optimization problem can be written in the format of

min
AIR

tr(I +
1

σ2nIR2IR

HIR2IR.AIR.A
H
IR.H

H
IR2IR)−1 + ns − nr (2.15a)

s.t. tr(AIR.A
H
IR) ≤ PMax

Source (2.15b)

Now by considering KAIR
= AIR.A

H
IR the optimization problem will be expressed as

min
AIR

tr(I +
1

σ2nIR2IR

HIR2IR.KAIR
.HH

IR2IR)−1 + ns − nr (2.16a)

s.t. tr(KAIR
) ≤ PMax

Source (2.16b)

KAIR
� 0 (2.16c)

rank(KAIR
) ≤ ns (2.16d)

7
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This is a non-convex problem due to the rank constraint. Hence, solving this optimization
problem by available tool (CVX tool [21], [22], [23]) is not possible so the relaxed format
of this problem can be formed as

min
AIR

tr(I +
1

σ2nIR2IR

HIR2IR.KAIR
.HH

IR2IR)−1 + ns − nr (2.17a)

s.t. tr(KAIR
) ≤ PMax

Source (2.17b)

KAIR
� 0 (2.17c)

The optimal solution to the (2.16)problem has the form KAIR
= VHIR2IR

.ΛKAIR
.V H
HIR2IR

where VHIR2IR
is obtained from HIR2IR = UHIR2IR

.Λ
1/2
HIR2IR

.V H
HIR2IR

.
In recent expressions ΛHIR2IR

= diag(h1,h2,...,hns), h1 ≥ h2 ≥ ... ≥ hns ≥ 0 and
ΛKAIR

= diag(p1,p2,...,pns) where pi obtained from the standard ’Water Filling Method’.

Water filling method allocates power in constant level v that makes
∑ns

i=1 pi = PMax
Source

when v is obtained by

pi =

(
v√
hi
− 1

hi

)+

, i = 1,...,ns (2.18)

The optimum value of the objective function is ErrorMin =
∑n

i=1(1/(hi.pi)). Finally,
AIR = VHIR2IR

.ΛKAIR

1/2 could simply be found. Depending on ns and rank of KAIR

some zero padding for AIR may be needed.

Methodology

In this section, different methodologies to solve optimization problem are introduced.
Although an optimal solution can be found analytically, these methodologies for solving
the optimization problem support and verify numerical solutions and algorithms for
original relay problem.
‘A and B’ Method [19]
In this method, optimization problem is rewritten in a new format and the algorithm
will be described. The error in (2.5) can be expressed as

Error =E[‖BIR.(HIR2IR.AIR.sn + nIR2IR)− sn‖2] (2.19a)

=E[‖I −BIR.HIR2IR.AIR‖2] + tr(BIR.Kn.B
H
IR) (2.19b)

=ns + tr(BIR.HIR2IR.AIR.A
H
IR.H

H
IR2IR.B

H
IR)

− 2Re[tr(BIR.HIR2IR.AIR)] + tr(BIR.Kn.B
H
IR) (2.19c)

Hence, a new optimization problem with relaxation KAIR
� AIR.AHIR instead of KAIR

=
AIR.A

H
IR can be shown as

min
AIR

ns + tr(BIR.HIR2IR.KAIR
.HH

IR2IR.B
H
IR)

− 2Re[tr(BIR.HIR2IR.AIR)] + tr(BIR.Kn.B
H
IR) (2.20a)

s.t. tr(KAIR
) ≤ PMax

Source (2.20b)

KAIR
� AIR.AHIR (2.20c)

8
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The algorithm for solving the mentioned optimization problem is:

Algorithm IT(A,B):

• Initialize Choose AIR and update BIR

• Repeat

- solve optimization problem (2.20) and find AIR

- update BIR

• Until No improvements in objective function

‘A and AH’ Method
In this method, a new fixed variable AIRH as replacement of AHIR in optimization problem
is used. The algorithm is illustrated as

Algorithm IT(A,AH):

• Initialize AIR, AIRH and εAIR

• Repeat

- Solve following convex problem and find AIR

min
AIR

tr(I +
1

σ2nIR2IR

AIRH .H
H
IR2IR.HIR2IR.AIR)−1 (2.21a)

s.t. tr(AIR.AIRH) ≤ PMax
Source (2.21b)∥∥vec(AIR −AHIRH)
∥∥2 ≤ εAIR

(2.21c)

- Change εAIR
to get first feasible AIR

- Update AIRH = AHIR

- If no improvement in objective function then choose smaller εAIR

• Until εAIR
≤ εTgAIR

The value of εAIR
changes adaptively. Initial large value makes the optimization problem

relaxed and final small value (εAIR
≤ εTgAIR

) assures that AHIR = AIRH .

2.1.2 Power Transfer in MIMO Channel

In this section, the system for power transfer is introduced and all mathematical equa-
tions that describe the system are explained. Finally, the optimization problem is ex-
pressed.

9
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AER GER2ER
Energy

Harvester
+x

ysn ER

nER2ER

Source Channel ER2ER Receiver

Figure 2.2: System model for power transfer

System Model

In Figure 2.2 , the model of system is shown. In this model, the source or transmitter
uses a linear precoder (AER ∈ Cnt×ns) to precode the input information (sn) and sends
it through MIMO channel (GER2ER ∈ Cnr×nt) with noise (nER2ER ∈ Cnr×nr). Receiver
by using the energy harvester gathers energy. Received signal at the receiver can be
written as

y = GER2ER.AER.sn + nER2ER (2.22)

By considering E[‖Z‖2] = E[tr(Z · ZH)] = tr(E[Z · ZH ]) and supposing η = 1 when η
is the efficiency of energy harvester, harvested power can be expressed by

PER = η.E[‖y‖2] = tr(GER2ER.AER.Ks.A
H
ER.G

H
ER2ER) + tr(KnER2ER) (2.23)

Optimization of the Precoder for Power Transfer

In this section finding AER, that maximizes the harvested power in the receiver, is the
objective function of this optimization problem. Besides, the limited power of source
should be considered also. The optimization problem by supposing tr(KnER2ER) ≈ 0
and Ks = I can be expressed as

max
AER

tr(GER2ER.AER.A
H
ER.G

H
ER2ER) (2.24a)

s.t. tr(AER.A
H
ER) ≤ PMax

Source (2.24b)

Analytical Solution

In this section, AER.A
H
ER is replaced by KEH therefore the optimization problem can be

rewritten as

max
AER

tr(GER2ER.KEH .G
H
ER2ER) (2.25a)

s.t. tr(KEH) ≤ PMax
Source (2.25b)

KEH � 0 (2.25c)

The optimal solution to such a problem has a form of KEH = PMax
Source.vλ1.v

H
λ1 where

vλ1 corresponds to the first column of VGER2ER
. VGER2ER

is obtained by SVD form of
GER2ER = UGER2ER

.ΛGER2ER
.VGER2ER

where ΛGER2ER
= diag(g1,g2,...,gn), g1 ≥ g2 ≥

... ≥ gn ≥ 0. The optimal value of the objective function is PowerMax = PMax
Source.g1 and

optimal precoder is AER =

[√
PMax
Source.vλ1 0

]
[8].
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Methodology

The ‘A and AH’ is explained in this section to verify the performance of this method for
transferring power which is a simplified format of the optimization problem of the relay.
‘A and AH’ Method
In this method, a new fixed variable AERH as replacement of AHER in optimization
problem is used. The algorithm is denoted as

Algorithm PT(A,AH):

• Initialize AER, AERH and εAER

• Repeat

- Solve following convex problem and find AER

max
AER

tr(GER2ER.AER.AERH .G
H
ER2ER) (2.26a)

s.t. tr(AER.AERH) ≤ PMax
Source (2.26b)∥∥vec(AER −AHERH)
∥∥2 ≤ εAER

(2.26c)

- Change εAER
to get first feasible AER

- Update AERH = AHER

- If no improvement in objective function then choose smaller εAER

• Until εAER
≤ εTgAER

2.1.3 Simultaneous Information and Power Transfer in MIMO Channel

In this section two models of simultaneous wireless information and power transfer
(SWIPT) are introduced and two possible optimization problems are explained.

System Model

There are two models for simultaneous information and power transfer. In the first
model that is shown in Figure 2.3, information and energy harvesting users are sepa-
rated. The source or transmitter uses a linear precoder (AS ∈ Cnt×ns) to precode the
input information (sn) and sends it through two different MIMO channels correspond to
information user and energy harvesting user (HS2IR ∈ CnrIR

×nt and GS2ER ∈ CnrER
×nt)

with noise (nS2IR ∈ CnrIR
×nrIR and nS2ER ∈ CnrER

×nrER ). Similar to section 2.1.1 and
2.1.2, the received signal after the estimator in the information user and the received
energy in the energy harvesting user is formulated as

ŝn = BIR.(HS2IR.AS .sn + nS2IR) (2.27)

11



CHAPTER 2. LINEAR PRECODER AND AMPLIFY-AND-FORWARD
STRATEGIES

AS GS2ER
Energy

Harvester
+

x y2sn ER
nS2IR

Source Channel S2ER Receivers

BIRHS2IR +
y1 sn

nS2ER

Channel S2IR

Figure 2.3: System model for SWIPT (model 1)

AS HGS2R
Energy

Harvester
+x

y

sn ER

nS2R
Source Channel HG2ER Receivers

BIR

sn

Figure 2.4: System model for SWIPT (model 2)

PER = tr(GS2ER.AS .Ks.A
H
S .G

H
S2ER) + tr(KnS2ER) (2.28)

In the second model that is shown in Figure 2.4, information and energy harvesting users
are co-located. The source or transmitter uses a linear precoder (AS ∈ Cnt×ns) to precode
the input information (sn) and sends it through a MIMO channel (HGS2R ∈ CnrR

×nt)
with noise (nS2R ∈ CnrR

×nrR ). For this model following equations model the system

ŝn = BIR.(HGS2R.AS .sn + nS2R) (2.29)

PER = tr(HGS2R.AS .Ks.A
H
S .HG

H
S2R) + tr(KnS2R) (2.30)

Since this model is a particular case of the previous model, only the first model will be
investigated in following sections.

MMSE Estimation Problem

In this optimization problem, minimizing mean square error at the information user
while satisfying energy harvesting and transmission power constraints is the target. This
problem is formulated as

min
AS

tr(Ks −Ks.A
H
S .H

H
S2IR.(HS2IR.AS .Ks.A

H
S .H

H
S2IR +Kn)

−1
.HS2IR.AS .Ks)

(2.31a)

s.t. tr(GS2ER.AS .Ks.A
H
S .G

H
S2ER) ≥ PReqER (2.31b)

tr(AS .Ks.A
H
S ) ≤ PMax

Source (2.31c)

12
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In this problem PReqER is requested power from the energy harvesting user. This problem
is non-convex because of energy harvesting constraint.

Methodology

Two methodologies, ‘A and B’ method and ‘A and AH’ method, are applicable. By
assuming Kn = σ2nS2IR

.I and Ks = I, optimization problem can be rewritten as

min
AS

tr(I −AHS .HH
S2IR.(HS2IR.AS .A

H
S .H

H
S2IR + σ2nS2IR

)
−1
.HS2IR.AS) (2.32a)

s.t. tr(GS2ER.AS .A
H
S .G

H
S2ER) ≥ PReqER (2.32b)

tr(AS .A
H
S ) ≤ PMax

Source (2.32c)

This optimization problem by using Woodbury Identity (2.12), lemma (2.14) and KAS
=

AS .A
H
S can be expressed as

min
AIR

tr(I +
1

σ2nS2IR

HS2IR.KAS
.HH

S2IR)−1 + ns − nrIR (2.33a)

s.t. tr(GS2ER.KAS
.GHS2ER) ≥ PReqER (2.33b)

tr(KAS
) ≤ PMax

Source (2.33c)

KAS
� 0 (2.33d)

rank(KAS
) ≤ ns (2.33e)

It can be shown that lower and upper limits for information error and harvested power
are the limits are calculated for optimization problems in (2.16) and (2.25) [8].
‘A and B’ Method
In this method, by assuming KAS

� AS .AHS instead of KAS
= AS .A

H
S , the optimization

problem (2.31) is given by

min
AS

ns + tr(BIR.HS2IR.KAS
.HH

S2IR.B
H
IR)

− 2Re[tr(BIR.HS2IR.AS)] + tr(BIR.Kn.B
H
IR) (2.34a)

s.t. tr(GS2ER.KAS
.GHS2ER) ≥ PReqER (2.34b)

tr(KAS
) ≤ PMax

Source (2.34c)

KAS
� AS .AHS (2.34d)

The algorithm for ‘A and B’ method is expressed as

Algorithm SWIPT (A,B):

• Initialize Choose AS and update BIR

• Repeat
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- solve optimization problem (2.34) and find AS

- update BIR

• Until No improvements in objective function

‘A and AH’ Method
This method is very similar to information transfer. In (2.33), the AHS is replaced by
ASH and algorithm is defined as

Algorithm SWIPT (A,AH) version 1:

• Initialize AS , ASH and εAS

• Repeat

- Solve following convex problem and find AS

min
AS

tr(I +
1

σ2nS2IR

ASH .H
H
S2IR.HS2IR.AS)−1 (2.35a)

s.t. tr(GS2ER.AS .ASH .G
H
S2ER) ≥ PReqER (2.35b)

tr(AS .ASH) ≤ PMax
Source (2.35c)∥∥vec(AS −AHSH)
∥∥2 ≤ εAS

(2.35d)

- Change εAS
to get first feasible AS

- Update AASH = AHS

- If no improvement in objective function then choose smaller εAS

• Until εAS
≤ εTgAS

This version of optimization problem in recent algorithm by using KAS
= AS .A

H
S and

relaxation KAS
� AS .AHS can be rewritten as

Algorithm SWIPT (A,AH) version 2:

• Initialize AS , ASH and εAS

• Repeat

- Solve following convex problem and find AS
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min
AS

tr(I +
1

σ2nS2IR

ASH .H
H
S2IR.HS2IR.AS)−1 (2.36a)

s.t. tr(GS2ER.KAS
.GHS2ER) ≥ PReqER (2.36b)

tr(KAS
) ≤ PMax

Source (2.36c)

KAS
� AS .ASH (2.36d)∥∥vec(AS −AHSH)

∥∥2 ≤ εAS
(2.36e)

- Change εAS
to get first feasible AS

- Update AASH = AHS

- If no improvement in objective function then choose smaller εAS

• Until εAS
≤ εTgAS

Numerical experiments show that both versions of this algorithm lead to the same results
but the second version converges faster.

2.2 Simultaneous Information and Power Transfer in MIMO
Channel with Relay Amplify-and-Forward Strategy

In this chapter, two systems, one-way and two-way information and power transfer
with relay amplify-and-forward strategy in MIMO channel are defined and modeled.
Optimization problems and methodologies to solve them are introduced.

2.2.1 One-Way Information and Power Transfer with Relay Amplify-
and-Forward Strategy

In one-way information and power transfer which is illustrated in Figure 2.5, the base
station sends information to relay and relay precodes, amplifies and forwards this signal
to information user (IR) and energy harvesting user (ER). In this section, the system
model for one-way information and power transfer with relay will be explained. Opti-
mization problem and algorithm for solving it are described.

System Model

In Figure 2.6 and Figure 2.7, the model of system for two different time slots is shown.
In the first time slot, the base station sends signal carrying information to relay. In
the second time slot, relay adopts the amplify-and-forward strategy to forward to the
information user that needs information and the energy harvesting user.

In this model, HBS2R ∈ CNrx R×Ntx BS is channel matrix from base station to relay,
HR2IR ∈ CNtx R×Nrx IR is MIMO channel matrix from relay to the information user,
GR2ER ∈ CNrx ER×Ntx R is MIMO channel matrix from relay to energy harvesting user,
ABS ∈ CNtx BS×Ns BS is precoder at the base station, ARS ∈ CNtx R×Nrx R is precoding
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Base Station

Information 
User

Energy User

Figure 2.5: One-way relay system with base station and information and energy harvesting
users

matrix in the relay, sBS ∈ CNs BS×1, nBS2R ∈ CNrx R×1 is additive Gaussian noise
with N (0,σ2BS2R.I) distribution in the MIMO channel from base station to relay, nR2IR

is additive Gaussian noise with N (0,σ2R2IR.I) distribution in the MIMO channel from
relay to the information user and nR2ER is channel noise with N (0,σ2R2ER.I) distribution
from relay to energy harvesting user.

HBS2R + ARS

xR
yR

RelaySource

nBS2R

ABS

sBS

Channel BS2R

Figure 2.6: System model for the first time slot

HR2IR +

nR2IR

BIR

zIR sBS

IR User

ER User

GR2ER +
PER

nR2ER

Energy 
Harvester

yR

zER

ARS

xR

Relay

Channel R2IR

Channel R2ER

Figure 2.7: System model for the second time slot

Following equation expresses the received signal at the relay input in the first time
slot

xR = HBS2R.ABS .sBS + nBS2R (2.37)

In second time slot, relay applies precoding and then forwards xR as follows

yR = ARS .xR = ARS .(HBS2R.ABS .sBS + nBS2R) (2.38)

The relay output power is PR and it is expressed as

PR = tr(ARS .(HBS2R.ABS .A
H
BS .H

H
BS2R + σ2BS2R I).AHRS) (2.39)
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The received signal by the information user is as follows

zIR = HR2IR.yR + nR2IR (2.40)

At the IR user, an estimate of sBS is formed as follows

ŝBS = BIR.(HR2IR.yR + nR2IR) (2.41)

BIR is the estimator used in the information user to recover sent information. ŝBS can
be written as

ŝBS = BIR.(HR2IR.ARS .(HBS2R.ABS .sBS + nBS2R) + nR2IR) (2.42)

Received signal at the ER user is given by

zER = GR2ER.yR + nR2ER (2.43)

Expression (2.43) can be rewritten as

zER = GR2ER.ARS .(HBS2R.ABS .sBS + nBS2R) + nR2ER (2.44)

Energy harvesting user uses the received signal for accumulating energy. The harvested
power by the ER is given by

PER = EER
(
‖GR2ER.yR + nR2ER‖2

)
(2.45)

PER = tr
(
TH3 .T3

)
+ T4 (2.46)

When T3 and T4 are defined as follows

T3 = GR2ER.ARS .HBS2R.ABS (2.47)

T4 = tr(AHRS .G
H
R2ER.GR2ER.ARS).σ2BS2R + σ2R2ER.nER (2.48)

MMSE Estimation Problem

In this section, optimization of relay precoder in one-way relay system with amplify-and-
forward strategy is the main focus. IR user aims to minimize mean square error of the
base station sent information and received signal. To achieve this goal, MMSE receiver
at the information user is considered. Therefore, total MSE can be stated as

MSEBS2IR = EIR
(
‖ŝBS − sBS‖2

)
(2.49)

With some simple manipulations, minimum total MSE can be rewritten in following
format.

MSEBS2IR = tr
(
(I + TH2 .T1.T2)

−1) (2.50)

T1 and T2 are expressed as

T1 = (HR2IR.ARS .A
H
RS .H

H
R2IR.σ

2
BS2R + σ2R2IR.I)−1 (2.51)

17



CHAPTER 2. LINEAR PRECODER AND AMPLIFY-AND-FORWARD
STRATEGIES

T2 = HR2IR.ARS .HBS2R.ABS (2.52)

Hence, an optimal estimator in the information user can be written as

BIR = TH2 .
(
T2.T

H
2 + T−11

)−1
(2.53)

Furthermore, relay has restricted transmission power (PMax
R ) to send signals to the

information and energy harvesting users that should be considered as a constraint for the
optimization problem. Finally, the energy harvesting user requests a certain amount of
power (PReqER ) that is another constraint. Briefly, the optimization problem is formulated
as (2.54). In this optimization problem, the suitable precoding in the relay is found.
This precoder should be designed to minimize error for sent information from the base
station to the information user while satisfying the power transfer constraint for the
energy harvesting user and relay limited transmission power constraint.

min
ARS

MSEBS2IR (2.54a)

Subject to :

PR ≤ PMax
R (2.54b)

PER ≥ PReqER (2.54c)

This optimization problem is not convex because of non-convex objective function and
constraints.

Methodology

Only ‘A and AH’ method is applicable for such an optimization problem. To solve the
problem, KAH

RS
= AHRS .ARS is introduced and (2.54) is rewritten in following format:

T1 = (HR2IR.ARS .A
H
RS .H

H
R2IR.σ

2
BS2R + σ2R2IR.I)−1 (2.55a)

T2 = HR2IR.ARS .HBS2R.ABS (2.55b)

min
ARS

tr
(
(I + TH2 .T1.T2)

−1) (2.55c)

Subject to :

tr(AHBS .H
H
BS2R.KAH

RS
.HBS2R.ABS + σ2BS2R.KAH

RS
) ≤ PMax

R (2.55d)

tr(AHBS .H
H
BS2R.A

H
RS .G

H
R2ER.GR2ER.ARS .HBS2R.ABS)

+ tr(AHRS .G
H
R2ER.GR2ER.ARS).σ2BS2R + σ2R2ER ≥ P

Req
ER (2.55e)

KAH
RS

= AHRS .ARS (2.55f)

This problem is relaxed by replacing KAH
RS
� AHRS .ARS with KAH

RS
= AHRS .ARS . By

this relaxation, it is possible to make one of the constraints as a convex function. As it
has been mentioned earlier, the inequality KAH

RS
− AHRS .ARS � 0 denotes positive semi
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definite matrix.

T1 = (HR2IR.ARS .A
H
RS .H

H
R2IR.σ

2
BS2R + σ2R2IR.I)−1 (2.56a)

T2 = HR2IR.ARS .HBS2R.ABS (2.56b)

min
ARS

tr
(
(I + TH2 .T1.T2)

−1) (2.56c)

Subject to :

tr(AHBS .H
H
BS2R.KAH

RS
.HBS2R.ABS + σ2BS2R.KAH

RS
) ≤ PMax

R (2.56d)

tr(AHBS .H
H
BS2R.A

H
RS .G

H
R2ER.GR2ER.ARS .HBS2R.ABS)

+ tr(AHRS .G
H
R2ER.GR2ER.ARS).σ2BS2R + σ2R2ER ≥ P

Req
ER (2.56e)

KAH
RS
−AHRS .ARS � 0 (2.56f)

Finally, AHRS is replaced by a new variable ARSH . The reason for this replacement is the
objective function in (2.56) that is a non-convex function.

T1 = (HR2IR.ARS .A
H
RS .H

H
R2IR.σ

2
BS2R + σ2R2IR.I)−1 (2.57a)

T2 = HR2IR.ARS .HBS2R.ABS (2.57b)

T6 = AHBS .H
H
BS2R.ARSH .H

H
R2IR (2.57c)

min
ARS

tr
(
(I + T6.T1.T2)

−1) (2.57d)

Subject to :

tr(AHBS .H
H
BS2R.KAH

RS
.HBS2R.ABS + σ2BS2R.KAH

RS
) ≤ PMax

R (2.57e)

tr(AHBS .H
H
BS2R.ARSH .G

H
R2ER.GR2ER.ARS .HBS2R.ABS)

+ tr(ARSH .G
H
R2ER.GR2ER.ARS).σ2BS2R + σ2R2ER ≥ P

Req
ER (2.57f)

KAH
RS
−AHRS .ARS � 0 (2.57g)

‖vec(ARS −AHRSH)‖2 ≤ εARS
(2.57h)

In this formula εARS
is an adaptive threshold value with a sufficient small target threshold

value (εTgARS
) that insures to reach AHRS ≈ ARSH . εARS

is adaptively changed throughout
iterations. At initialization, a large threshold εARS

is chosen.
Hence, the overall algorithm for solving this optimization problem is demonstrated

below. In this algorithm first ARS is initialized so ARSH = AHRS . εARS
is set to a

relatively large initial value since larger values for εARS
makes the problem more relaxed.

After finding the first feasible answer for ARS , ARSH is updated by ARSH = AHRS . This
procedure continues until no improvement in the objective function can be reached.
Then a smaller value εARS

is selected until it becomes less than targeted value (εTgARS
).

Algorithm SWIPT ROW (A,AH):

• Initialize ARS , ARSH and εARS
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• Repeat

- Calculate expression

T1 = (HR2IR.ARS .A
H
RS .H

H
R2IR.σ

2
BS2R + σ2R2IR.I)−1

- Define expression

T2 = HR2IR.ARS .HBS2R.ABS

T6 = AHBS .H
H
BS2R.ARSH .H

H
R2IR

- Solve following convex problem and find ARS

min
ARS

tr
(
(I + T6.T1.T2)

−1) (2.58a)

Subject to :

tr(AHBS .H
H
BS2R.KAH

RS
.HBS2R.ABS + σ2BS2R.KAH

RS
) ≤ PMax

R (2.58b)

tr(AHBS .H
H
BS2R.ARSH .G

H
R2ER.GR2ER.ARS .HBS2R.ABS)

+ tr(ARSH .G
H
R2ER.GR2ER.ARS).σ2BS2R + σ2R2ER ≥ P

Req
ER (2.58c)

KAH
RS
−AHRS .ARS � 0 (2.58d)

‖vec(ARS −AHRSH)‖2 ≤ εARS
(2.58e)

- Change εARS
to get first feasible ARS

- Update ARSH = AHRS

- If no improvement in objective function then choose smaller εARS

Until εARS
≤ εTgARS

2.2.2 Two-Way Information and Power Transfer with Relay Amplify-
and-Forward Strategy

In two-way information and power transfer (Figure 2.8), the information users and base
station send the information to relay that precodes, amplifies and forwards information
of information users to base station and information of base station to the information
users. Besides, power transfers to the energy harvesting users simultaneously. In this
section, the system model and equations for two-way information and power transfer
with relay amplify-and-forward strategy will be explained. Due to possible precoding in
the base station, relay and join base station and relay, different optimization problems
and algorithms for solving them are described.

System Model

In Figure 2.9 and Figure 2.10, the model of system for two different time slots is shown.
In the first time slot, the information users and the base station send information to
the relay. In the second time slot, relay uses a linear precoder to amplify and forward
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Informa�on 
User

Base Sta�on

Energy User

Figure 2.8: Two-way relay system with base station, information and power transfer users

received signals. The precoded signal is sent to the base station, the information users
and the energy harvesting users. In this model, sBS ∈ CNs BS×1 is information data to
the base station, sIRi ∈ CNs IRi×1 is information data at user i, ABS ∈ CNtx BS×Ns BS

is base station precoder, AIRi ∈ CNtx IRi×Ns IRi is the precoder in the information user
i, HBS2R ∈ CNrx R×Ntx BS is the MIMO channel matrix from the base station to the
relay, HIRi2R ∈ CNrx R×Ntx IRi is the MIMO channel matrix from the information user
i to the relay, nBS2R ∈ CNrx R×1 is additive Gaussian noise with N (0,σ2BS2R.I) distri-
bution in the MIMO channel from the base station to the relay, nIRi2R ∈ CNrx R×1 is
additive Gaussian noise with N (0,σ2IR2R.I) distribution in the MIMO channel from the
information users to the relay, ARS ∈ CNtx R×Nrx R is precoding matrix in the relay,
HR2BS ∈ CNrx BS×Ntx R is the MIMO channel matrix from the relay to the base station,
HR2IRi ∈ CNrx IRi×Ntx R is the MIMO channel matrix from the relay to the information
user i, GR2ERi ∈ CNrx ERi×Ntx R is the MIMO channel matrix from the relay to the en-
ergy harvesting user i, nR2BS is additive Gaussian noise with N (0,σ2R2BS .I) distribution
in the MIMO channel from the relay to the base station, nR2IRi is additive Gaussian
noise with N (0,σ2R2IR.I) distribution in the MIMO channel from the relay to the in-
formation user, nR2ERi is channel noise with N (0,σ2R2ER.I) distribution in the MIMO
channel from the relay to the energy harvesting user and BBS and BIRi are estimators
of received signals in base station and information user i respectively.

In the first time slot, both base station and the information users transmit the infor-
mation to relay. The received signal at the input of the relay is formulated as

xR = HBS2R.ABS .sBS + nBS2R +HIR2R.AIR.sIR + nIR2R (2.59)

In this equation HIR2R =
[
HIR12R | HIR22R | ... | HIRNMU

2R

]
where HIRi2R is the chan-

nel matrix from information user i to relay, NMU is the number of users. AIRi and Pi
are precoder in information user and transmitted power by user i. The equation can be
rewritten in following format

xR = HBS2R.ABS .sBS + nBS2R +

NMU∑
i=1

(HIRi2R.AIRi .sIRi + nIRi2R) (2.60)

In the second time slot, the relay applies amplify-and-forward strategy on received signal
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Figure 2.9: System model for the first time slot
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Figure 2.10: System model for the second time slot

from information users and the base station as

yR = ARS . (HBS2R.ABS .sBS + nBS2R +HIR2R.AIR.sIR + nIR2R) (2.61)

The signal received at the base station at the second time slot is given by

zBS = HR2BS .yR + nR2BS

= HR2BS .ARS .(HBS2R.ABS .sBS + nBS2R +HIR2R.AIR.sIR

+ nIR2R) + nR2BS (2.62)
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A part of the received signal in the base station is related to the sent signal to the
relay by the base station. Therefore, the back propagated self-interference term can be
eliminated

ẑBS = HR2BS .yR + nR2BS

= HR2BS .ARS .(HIR2R.AIR.sIR + nIR2R) + nR2BS (2.63)

The base station uses estimator BBS to extract information that has been sent to relay
from information users

ŝBS = BBS .HR2BS .ARS .(HIR2R.AIR.sIR + nIR2R) + nR2BS (2.64)

It should be mentioned that the base station and relay power are given by

PBS = tr(ABS .KsBS .A
H
BS) (2.65a)

PR = tr(ARS .(HBS2R.ABS .KsBS .A
H
BS .H

H
BS2R).AHRS)

+ tr(ARS .(HIR2R.AIR.KsIR .A
H
IR.H

H
IR2R).AHRS)

+ tr(ARS .(σ
2
nBS2R

+ σ2nIR2R
).AHRS) (2.65b)

When the KsBS is the co-variance matrix of information data at the base station and
KsIR is the co-variance matrix of information data at the information users. Information
users receive the following signal

zIR = HR2IR.yR + nR2IR

= HR2IR.ARS .(HBS2R.ABS .sBS + nBS2R +HIR2R.AIR.sIR

+ nIR2R) + nR2IR

= HR2IR.ARS .

(
HBS2R.ABS .sBS + nBS2R +

NMU∑
i=1

(HIRi2R.AIRi .sIRi + nIRi2R)

)
+ nR2IR (2.66)

The base station transmitted signal is recovered by BIR estimator in information users

ŝIR = BIR. (HR2IR.yR + nR2IR)

= BIR.(HR2IR.ARS .(HBS2R.ABS .sBS + nBS2R +HIR2R.AIR.sIR

+ nIR2R) + nR2IR) (2.67)

The received signal by user k is

zIRk
=

NMU∑
i=1

(HR2IRk
.ARS .HBS2R.ABSi .sBSi) +HR2IR.ARS .nBS2R

+

NMU∑
i=1

HR2IRk
.ARS .(HIRi2R.AIRi .sIRi + nIRi2R) + nR2IR (2.68)
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Here, HR2IR =
[
HR2IR1 ;HR2IR2 ; ...;HR2IRNMU

]
where HR2IRi is the MIMO channel

matrix from relay to user i and ABS = [ABS1 | ABS2 | ... | ABSNMU
] where ABSi is

the base station precoder for information data belongs to user i. A part of the received
signal at the information user k is related to the sent signal to the relay by the same
user. Therefore, the back propagated self-interference term can be eliminated

zIRk
= HR2IRk

.ARS .HBS2R.ABSk
.sBSk

+
∑
i 6=k

(HR2IRk
.ARS .HBS2R.ABSi .sBSi) +HR2IR.ARS .nBS2R

+
∑
i 6=k

HR2IRk
.ARS .(HIRi2R.AIRi .sIRi + nIRi2R) + nR2IR (2.69)

The estimated signal for user k is

ŝIRk
= BIRk

.(HR2IRk
.ARS .HBS2R.ABSk

.sBSk
)

+BIRk
.

∑
i 6=k

(HR2IRk
.ARS .HBS2R.ABSi .sBSi) +HR2IR.ARS .nBS2R


+BIRk

.

∑
i 6=k

HR2IRk
.ARS .(HIRi2R.AIRi .sIRi + nIRi2R) + nR2IR

 (2.70)

By supposing KsBS = I, KsIR = I, KnBS2R = σ2BS2R.I, KnIR2R = σ2IR2R.I and
KnR2IRk

= σ2R2IRk
.I, signal-to-interference-plus- noise ratio (SINR) for user k is defined

by

SigBS2IRk
= |HR2IRk

.ARS .HBS2R.ABSk
|2 (2.71a)

IntBS2IRk
=
∑
i 6=k
|HR2IRk

.ARS .HBS2R.ABSi |2 (2.71b)

NBS2IR = |HR2IR.ARS |2.σ2nBS2R
(2.71c)

IntIR2IRk
=
∑
i 6=k
|HR2IRk

.ARS .HIRi2R.AIRi |2 (2.71d)

NIR2IRk
= |HR2IR.ARS |2.σ2nIR2R

+ σ2nR2IRk
(2.71e)

SINRk =
SigBS2IRk

IntBS2IR + IntIR2IRk
+NBS2IR +NIR2IRk

(2.71f)

Finally, the energy harvesting users get the following signal at their inputs

zER = GR2ER.yR + nR2ER

= GR2ER.ARS .(HBS2R.ABS .sBS + nBS2R +HIR2R.AIR.sIR

+ nIR2R) + nR2ER (2.72)
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The received signal by user k is

zERk
=

NMU∑
i=1

(GR2ERk
.ARS .HBS2R.ABSi .sBSi) +GR2ER.ARS .nBS2R

+

NMU∑
i=1

HR2ERk
.ARS .(HIRi2R.AIRi .sIRi + nIRi2R) + nR2ER (2.73)

Here, GR2ER = [GR2IR1 ;GR2ER2 ; ...;GR2ERn ] where GR2ERi is i row of GR2ER. The
power of received signals is formulated as

PER = E(‖zER‖2)
= tr(GR2ER.ARS .HBS2R.ABS .KsBS .A

H
BS .H

H
BS2R.A

H
RS .G

H
R2ER)

+ tr(GR2ER.ARS .HIR2R.AIR.KsIR .A
H
IR.H

H
IR2R.A

H
RS .G

H
R2ER)

+ tr(GR2ER.ARS .KnBS2R .A
H
RS .G

H
R2ER)

+ tr(GR2ER.ARS .KnIR2R .A
H
RS .G

H
R2ER)

+ tr(KnR2ER) (2.74a)

= tr(GR2ER.ARS .HBS2R.ABS .A
H
BS .H

H
BS2R.A

H
RS .G

H
R2ER)

+ tr(GR2ER.ARS .HIR2R.AIR.A
H
IR.H

H
IR2R.A

H
RS .G

H
R2ER)

+ tr(GR2ER.ARS .A
H
RS .G

H
R2ER).σ2nBS2R

+ tr(GR2ER.ARS .A
H
RS .G

H
R2ER).σ2nIR2R

+ nER.σ
2
nR2ER

(2.74b)

The received energy by user k can be rewritten as

PERk
= tr(GR2ERk

.ARS .HBS2R.ABS .A
H
BS .H

H
BS2R.A

H
RS .G

H
R2ERk

)

+ tr(GR2ERk
.ARS .HIR2R.AIR.A

H
IR.H

H
IR2R.A

H
RS .G

H
R2ERk

)

+ tr(GR2ERk
.ARS .A

H
RS .G

H
R2ERk

).(σ2nBS2R
+ σ2nIR2R

)

+ σ2nR2ERk
(2.75)

In the next section, the optimization problem will be discussed and formulated.

MMSE Estimation Problem

In this section, minimum mean square error (MMSE) to retrieve the sent information
data from information users to base station when the SINR from base station to each
user is more than required SINR and the power in each energy harvesting user is more
than requested power are the target.

The total MMSE from data which has been sent by information users to base station
is given by

MSEIR2BS = EBS
(
‖ŝBS − sIR‖2

)
(2.76)
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This equation is summarized to [ref: (2.9)]

MSEIR2BS = tr(KsIR −KsIRyBS .K
−1
yBS

.KH
sIRyBS

)

= tr(I +KsIRyBS .(KyBS −K
H
sIRyBS

.KsIRyBS )−1.KH
sIRyBS

)−1 (2.77)

where KsIRyBS is given by

KsIRyBS = AHIR.H
H
IR2R.A

H
RS .H

H
R2BS (2.78)

and KyBS is expressed as

KyBS = HR2BS .ARS .HIR2R.AIR.A
H
IR.H

H
IR2R.A

H
RS .H

H
R2BS

+HR2BS .ARS .KnBS2R .A
H
RS .H

H
R2BS

+HR2BS .ARS .KnIR2R .A
H
RS .H

H
R2BS

+KnR2BS (2.79)

Hence, the total MMSE is equal to

T1 =
(
HR2BS .ARS .(KnBS2R +KnIR2R).AHRS .H

H
R2BS +KnR2BS

)−1
=
(
HR2BS .ARS .(σ

2
nBS2R

+ σ2nIR2R
).AHRS .H

H
R2BS + σn2

R2BS
.I
)−1

(2.80a)

MSEIR2BS = tr(I +KsIRyBS .T1.KH
sIRyBS

)−1 (2.80b)

Since SINR from base station to each user should be more than SINRReqk , the received

power for the energy harvesting user must be more than PReqERk
, the base station trans-

mission power is limited to PMax
BS and the transmission power of relay is also limited to

PMax
R , the optimization problem is expressed by

min
ARS ,ABS

tr(I +KsIRyBS .T1.KH
sIRyBS

)−1 (2.81a)

Subject to :

SINRk ≥ SINRReqk , ∀k = 1,...,NMU (2.81b)

PERk
≥ PReqERk

, ∀k = 1,...,NMU (2.81c)

PBS ≤ PMax
BS (2.81d)

PR ≤ PMax
R (2.81e)

In this problem, the objective function, SINR and energy constraints are non-convex. In
the next section a new method for solving this non-convex problem is introduced.

Methodology

In this section, ‘A and AH’ method for solving the optimization problem is focused. The
optimization problem with some small manipulations and supposing σ2nX2R

= σ2nBS2R
+
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σ2nIR2R
is rewritten as

T1 =
(
HR2BS .ARS .σ

2
nX2R

.AHRS .H
H
R2BS + σn2

R2BS
.I
)−1

(2.82a)

min
ARS ,ABS

tr(I +AHIR.H
H
IR2R.A

H
RS .H

H
R2BS .T1.HR2BS .ARS .HIR2R.AIR)−1 (2.82b)

Subject to :

tr(HH
R2IRK

.HR2IRK
.(ARS .(HBS2R.ABSk

.AHBSk
.HH

BS2R

− SINRReqk .(
∑
i 6=k

(HBS2R.ABSi .A
H
BSi

.HH
BS2R +HIRi2R.H

H
IRi2R.|AIRi |2)

+ σ2nX2R
.I)).AHRS) ≥ SINRReqk .σ2nR2IRk

, ∀k = 1,...,NMU (2.82c)

tr(GR2ERk
.ARS .HBS2R.ABS .A

H
BS .H

H
BS2R.A

H
RS .G

H
R2ERk

)

+ tr(GR2ERk
.ARS .HIR2R.AIR.A

H
IR.H

H
IR2R.A

H
RS .G

H
R2ERk

)

+ tr(GR2ERk
.ARS .A

H
RS .G

H
R2ERk

).σ2nX2R

+ σ2nR2ERk
≥ PReqERk

, ∀k = 1,...,NMU (2.82d)

tr(ABS .A
H
BS) ≤ PMax

BS (2.82e)

tr((HBS2R.ABS .KsBS .A
H
BS .H

H
BS2R).AHRS .ARS)

+ tr((HIR2R.AIR.KsIR .A
H
IR.H

H
IR2R).AHRS .ARS)

+ σ2nX2R
.tr(AHRS .ARS) ≤ PMax

R (2.82f)

Three different methodologies and algorithms for base station precoding, relay precod-
ing and joint base station and relay precoding scenarios for this optimization problem
are considered. Therefore the optimization problem methodology for each scenario is
explained separately.
Base Station Precoding
In this scenario, the precoding is conducted in base station and relay uses an arbitrary
constant precoding. Due to limited transmission power of relay ARS =

√
α.ÂRS with

suitable α ≥ 0 satisfies the power constraint of the relay. By replacingKABS
= ABS .A

H
BS ,
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this optimization problem can be expressed as

T1 =
(
α.HR2BS .ÂRS .σ

2
nX2R

.ÂHRS .H
H
R2BS + σn2

R2BS
.I
)−1

(2.83a)

min
α,ABS

tr(I + α.AHIR.H
H
IR2R.Â

H
RS .H

H
R2BS .T1.HR2BS .ÂRS .HIR2R.AIR)−1 (2.83b)

Subject to :

tr(HH
R2IRK

.HR2IRK
.(α.ÂRS .(HBS2R.ABSk

.AHBSk
.HH

BS2R

− SINRReqk .(
∑
i 6=k

(HBS2R.ABSi .A
H
BSi

.HH
BS2R +HIRi2R.H

H
IRi2R.|AIRi |2)

+ σ2nX2R
.I)).ÂHRS) ≥ SINRReqk .σ2nR2IRk

, ∀k = 1,...,NMU (2.83c)

tr(α.GR2ERk
.ÂRS .HBS2R.ABS .A

H
BS .H

H
BS2R.Â

H
RS .G

H
R2ERk

)

+ tr(α.GR2ERk
.ÂRS .HIR2R.AIR.A

H
IR.H

H
IR2R.Â

H
RS .G

H
R2ERk

)

+ tr(α.GR2ERk
.ÂRS .Â

H
RS .G

H
R2ERk

).σ2nX2R

+ σ2nR2ERk
≥ PReqERk

, ∀k = 1,...,NMU (2.83d)

tr(KABS
) ≤ PMax

BS (2.83e)

tr(α.ÂRS .HBS2R.ABS .KsBS .A
H
BS .H

H
BS2R.Â

H
RS)

+ tr(α.ÂRS .HIR2R.AIR.KsIR .A
H
IR.H

H
IR2R.Â

H
RS)

+ σ2nX2R
.tr(α.ÂRS .Â

H
RS) ≤ PMax

R (2.83f)

KABS
−ABS .AHBS = 0 (2.83g)

(2.83h)

By supposing KsBS = I and KsIR = I, replacing KABS
� ABS .A

H
BS with KABS

=
ABS .A

H
BS for relaxation and substituting ABSH = AHBS in ‘A and AH’ method, the
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convex problem is given by

T1 =
(
α.HR2BS .ÂRS .σ

2
nX2R

.ÂHRS .H
H
R2BS + σn2

R2BS
.I
)−1

(2.84a)

min
α,ABS

tr(I + α.AHIR.H
H
IR2R.Â

H
RS .H

H
R2BS .T1.HR2BS .ÂRS .HIR2R.AIR)−1 (2.84b)

Subject to :

tr(HH
R2IRK

.HR2IRK
.(α.ÂRS .(HBS2R.ABSk

.ABSHk
.HH

BS2R

− SINRReqk .(
∑
i 6=k

(HBS2R.ABSi .ABSHi .H
H
BS2R +HIRi2R.H

H
IRi2R.|AIRi |2)

+ σ2nX2R
.I)).ÂHRS) ≥ SINRReqk .σ2nR2IRk

, ∀k = 1,...,NMU (2.84c)

tr(α.GR2ERk
.ÂRS .HBS2R.ABS .ABSH .H

H
BS2R.Â

H
RS .G

H
R2ERk

)

+ tr(α.GR2ERk
.ÂRS .HIR2R.AIR.A

H
IR.H

H
IR2R.Â

H
RS .G

H
R2ERk

)

+ tr(α.GR2ERk
.ÂRS .Â

H
RS .G

H
R2ERk

).σ2nX2R

+ σ2nR2ERk
≥ PReqERk

, ∀k = 1,...,NMU (2.84d)

tr(KABS
) ≤ PMax

BS (2.84e)

tr(α.ÂRS .HBS2R.ABS .ABSH .H
H
BS2R.Â

H
RS)

+ tr(α.ÂRS .HIR2R.AIR.A
H
IR.H

H
IR2R.Â

H
RS)

+ σ2nX2R
.tr(α.ÂRS .Â

H
RS) ≤ PMax

R (2.84f)

KABS
−ABS .AHBS � 0 (2.84g)

‖vec(ABS −AHBSH)‖2 ≤ εABS
(2.84h)

An adaptive algorithm for selecting suitable value for εABS
with initial large value and

final small target threshold value (εTgABS
) guarantees that AHBS ≈ ABSH . Objective

function is monotonically decreasing function respect to α ≥ 0. Therefore, the problem
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is re-expressed

max
α,ABS

α (2.85a)

Subject to :

tr(HH
R2IRK

.HR2IRK
.(α.ÂRS .(HBS2R.ABSk

.ABSHk
.HH

BS2R

− SINRReqk .(
∑
i 6=k

(HBS2R.ABSi .ABSHi .H
H
BS2R +HIRi2R.H

H
IRi2R.|AIRi |2)

+ σ2nX2R
.I)).ÂHRS) ≥ SINRReqk .σ2nR2IRk

, ∀k = 1,...,NMU (2.85b)

tr(α.GR2ERk
.ÂRS .HBS2R.ABS .ABSH .H

H
BS2R.Â

H
RS .G

H
R2ERk

)

+ tr(α.GR2ERk
.ÂRS .HIR2R.AIR.A

H
IR.H

H
IR2R.Â

H
RS .G

H
R2ERk

)

+ tr(α.GR2ERk
.ÂRS .Â

H
RS .G

H
R2ERk

).σ2nX2R

+ σ2nR2ERk
≥ PReqERk

, ∀k = 1,...,NMU (2.85c)

tr(KABS
) ≤ PMax

BS (2.85d)

tr(α.ÂRS .HBS2R.ABS .ABSH .H
H
BS2R.Â

H
RS)

+ tr(α.ÂRS .HIR2R.AIR.A
H
IR.H

H
IR2R.Â

H
RS)

+ σ2nX2R
.tr(α.ÂRS .Â

H
RS) ≤ PMax

R (2.85e)

KABS
−ABS .AHBS � 0 (2.85f)

‖vec(ABS −AHBSH)‖2 ≤ εABS
(2.85g)
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This optimization problem is convex respect to ABS . By supposing ABS = ÂBS√
α

the

problem is solved in MATLAB CVX tool easier.

max
α,ABS

α (2.86a)

Subject to :

tr(HH
R2IRK

.HR2IRK
.(ÂRS .(HBS2R.ÂBSk

.ÂBSHk
.HH

BS2R

− SINRReqk .(
∑
i 6=k

(HBS2R.ÂBSi .ÂBSHi .H
H
BS2R + α.HIRi2R.H

H
IRi2R.|AIRi |2)

+ α.σ2nX2R
.I)).ÂHRS) ≥ SINRReqk .σ2nR2IRk

, ∀k = 1,...,NMU (2.86b)

tr(GR2ERk
.ÂRS .HBS2R.ÂBS .ÂBSH .H

H
BS2R.Â

H
RS .G

H
R2ERk

)

+ tr(α.GR2ERk
.ÂRS .HIR2R.AIR.A

H
IR.H

H
IR2R.Â

H
RS .G

H
R2ERk

)

+ tr(α.GR2ERk
.ÂRS .Â

H
RS .G

H
R2ERk

).σ2nX2R

+ σ2nR2ERk
≥ PReqERk

, ∀k = 1,...,NMU (2.86c)

tr(K̂ABS
) ≤ α.PMax

BS (2.86d)

tr(ÂRS .HBS2R.K̂ABS
.HH

BS2R.Â
H
RS)

+ tr(α.ÂRS .HIR2R.AIR.A
H
IR.H

H
IR2R.Â

H
RS)

+ σ2nX2R
.tr(α.ÂRS .Â

H
RS) ≤ PMax

R (2.86e)

K̂ABS
− ÂBS .ÂHBS � 0 (2.86f)

‖vec(ÂBS − ÂHBSH)‖2 ≤ α.εABS
(2.86g)

The algorithm for solving this optimization problem is

Algorithm SWIPT RTW BS(A,AH):

• • Initialize

- Calculate value ÂRS =
√
α.ARS for arbitrary ARS and α

- Initialize ÂBS , ÂBSH and εABS

• Repeat

- Solve the convex problem (2.86) to find ABS and α

- Change εABS
to get first feasible ABS

- Update ÂBSH = ÂHBS

- If no improvement in objective function then choose smaller εABS

• Until εABS
≤ εTgABS

• Update ABS = ÂBS .
√
α
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Relay Precoding
In this scenario, the precoding is done in the relay and the base station uses an arbitrary
constant precoding. By replacing KAH

RS
= AHRS .ARS in (2.82), this optimization problem

can be expressed as

T1 =
(
HR2BS .ARS .σ

2
nX2R

.AHRS .H
H
R2BS + σn2

R2BS
.I
)−1

(2.87a)

min
ARS

tr(I +AHIR.H
H
IR2R.A

H
RS .H

H
R2BS .T1.HR2BS .ARS .HIR2R.AIR)−1 (2.87b)

Subject to :

tr(HH
R2IRK

.HR2IRK
.(ARS .(HBS2R.ABSk

.AHBSk
.HH

BS2R

− SINRReqk .(
∑
i 6=k

(HBS2R.ABSi .A
H
BSi

.HH
BS2R +HIRi2R.H

H
IRi2R.|AIRi |2)

+ σ2nX2R
.I)).AHRS) ≥ SINRReqk .σ2nR2IRk

, ∀k = 1,...,NMU (2.87c)

tr(GR2ERk
.ARS .HBS2R.ABS .A

H
BS .H

H
BS2R.A

H
RS .G

H
R2ERk

)

+ tr(GR2ERk
.ARS .HIR2R.AIR.A

H
IR.H

H
IR2R.A

H
RS .G

H
R2ERk

)

+ tr(GR2ERk
.ARS .A

H
RS .G

H
R2ERk

).σ2nX2R

+ σ2nR2ERk
≥ PReqERk

, ∀k = 1,...,NMU (2.87d)

tr(ABS .A
H
BS) ≤ PMax

BS (2.87e)

tr((HBS2R.ABS .KsBS .A
H
BS .H

H
BS2R).KAH

RS
)

+ tr((HIR2R.AIR.KsIR .A
H
IR.H

H
IR2R).KAH

RS
)

+ σ2nX2R
.tr(KAH

RS
) ≤ PMax

R (2.87f)

KAH
RS

= AHRS .ARS (2.87g)

By replacing KAH
RS
� AHRS .ARS instead of KAH

RS
= AHRS .ARS for relaxation and substi-

tuting ARSH = AHRS in ‘A and AH’ method, it is possible to make the problem convex
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as follows

T1 =
(
HR2BS .ARS .σ

2
nX2R

.ARSH .H
H
R2BS + σn2

R2BS
.I
)−1

(2.88a)

min
ARS

tr(I +AHIR.H
H
IR2R.ARSH .H

H
R2BS .T1.HR2BS .ARS .HIR2R.AIR)−1 (2.88b)

Subject to :

tr(HH
R2IRK

.HR2IRK
.(ARS .(HBS2R.ABSk

.AHBSk
.HH

BS2R

− SINRReqk .(
∑
i 6=k

(HBS2R.ABSi .A
H
BSi

.HH
BS2R +HIRi2R.H

H
IRi2R.|AIRi |2)

+ σ2nX2R
.I)).ARSH) ≥ SINRReqk .σ2nR2IRk

, ∀k = 1,...,NMU (2.88c)

tr(GR2ERk
.ARS .HBS2R.ABS .A

H
BS .H

H
BS2R.ARSH .G

H
R2ERk

)

+ tr(GR2ERk
.ARS .HIR2R.AIR.A

H
IR.H

H
IR2R.ARSH .G

H
R2ERk

)

+ tr(GR2ERk
.ARS .ARSH .G

H
R2ERk

).σ2nX2R

+ σ2nR2ERk
≥ PReqERk

, ∀k = 1,...,NMU (2.88d)

tr(ABS .A
H
BS) ≤ PMax

BS (2.88e)

tr((HBS2R.ABS .KsBS .A
H
BS .H

H
BS2R).KAH

RS
)

+ tr((HIR2R.AIR.KsIR .A
H
IR.H

H
IR2R).KAH

RS
)

+ σ2nX2R
.tr(KAH

RS
) ≤ PMax

R (2.88f)

KAH
RS
−AHRS .ARS � 0 (2.88g)

‖vec(ARS −AHRSH)‖2 ≤ εARS
(2.88h)

Choosing εARS
with initial large value and final small target threshold value (εTgARS

) as-

sures that AHRS ≈ ARSH . The algorithm for solving this optimization problem is

Algorithm SWIPT RTW RS(A,AH):

• Initialize ARS , ARSH and εARS

• Repeat

- Solve convex problem (2.88) to find ARS

- Change εARS
to get first feasible ARS

- Update ARSH = AHRS

- If no improvement in objective function then choose smaller εARS

• Until εARS
≤ εTgARS

Joint Base Station and Relay Precoding
In this scenario, the precodings are conducted in both base station and relay. The
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optimization problem is composed of (2.86) for the base station optimization and (2.88)
for the relay optimization. The algorithm for solving these joint optimization problems
is outlined as follows.
Algorithm SWIPT RTW BSRS(A,AH):

• Initialize ÂBS , ÂBSH , ARS , ARSH , εABS
, and εARS

• Repeat

– Repeat

- Solve convex problem (2.88) to find ARS

- Change εARS
to get first feasible ARS

- Update ARSH = AHRS
- If no improvement in objective function then choose smaller εARS

– Until εARS
≤ εTgARS

- Calculate value ÂRS =
√
α.ARS for ARS and arbitrary α

– Repeat

- Solve convex problem (2.86) to find ÂBS

- Change εABS
to get first feasible ÂBS

- Update ÂBSH = ÂHBS
- If no improvement in objective function then choose smaller εABS

– Until εABS
≤ εTgABS

– Update ABS = ÂBS .
√
α

• Until no improvement in objective functions
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3
Numerical Results

3.1 Simultaneous Wireless Information and Power Trans-
fer in MIMO Channel without Relay

In this chapter, numerical results for information and power transfer to information
user and the energy harvesting user without relay will be presented. For some of the
scenarios considered here, optimum analytical results are available. These optimum
analytic values and performance of the known methodology (‘A and B’ method) are
compared to proposed methodology (‘A and AH’ method) to verify it. The stability and
convergence of these methodologies are compared.

3.1.1 MMSE Results

In Figure 3.1, the results for normalized MSE versus requested power for different channel
signal to noise ratio (SNR) for nt = 5 and ns = 4 are shown. The circle and dot
present the ‘A and B’ and ‘A and AH’ methods simulation results. The result illustrates
that both ‘A and B’ and ‘A and AH’ methods give very close results. Hence, the new
introduced ‘A and AH’ method appears promising methodology.

The green line shows the minimum possible MSE that is calculated analytically.
When the requested power is small, results of both methods are very close to minimum
achievable MSE due to all power of source is consumed for transmitting the information
with minimum error.

Moreover, these figures show that there is trade-off between MMSE and energy de-
mands. Besides, by increasing the requested power, the mean square error starts in-
creasing from a knee point that is called K-point. The reason is before this K-point, the
source information signals can deliver power to energy harvesting user. By requesting
more power than K-point, a part of the source power is used for sending power to the
energy harvesting user instead of minimizing MMSE.
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Figure 3.1: Normalized MSE versus requested power

Finally, these results also demonstrate that by increasing the SNR, the K-point shifts
to higher requested power (to the right hand). The reason is that in higher SNR, more
portion of power can be sent to the energy harvesting user before error starts increasing.

3.1.2 Energy Results

In Figure 3.2, the results for harvested power for different channel signal to noise ratio
have been displayed.

The green line, that shows the maximum achievable power, is calculated analytically
therefore the maximum requested power should reach the maximum achievable one.

Besides, minimum harvested powers for different SNRs are the same. It is due to
that harvested power from noise is negligible and ignored, Hence as shown earlier it is
independent of SNR.

Finally, both ‘A and B’ and ‘A and AH’ methodologies produce the same harvested
power results so the new methodology ‘A and AH’ seems promising.
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Figure 3.2: Harvested power versus requested power

The results of normalized MSE versus requested power for different ns is shown in
Figure 3.3. The reason for this difference is that estimating less number of variables (ns)
with the same channel (nt) outcomes lower MSE.

3.1.3 Convergence Results

In Figure 3.4, the convergence status of normalized MSE versus iteration number in ‘A
and B’ and ‘A and AH’ methods is given. In this figure each curve presents different
requested power. The ‘A and B’ method is converged with less iterations in comparison
with ‘A and AH’ method but ‘A and B’ Method takes around 198[s] in comparison with
138[s] in ‘A and AH’ method. The reason is that the complexity of ‘A and B’ method is
higher than ‘A and AH’ method.

In Figure 3.5 the convergence process of ASH to AHS for different requested power in
‘A and AH’ method is presented. Some oscillations with different amplitudes in conver-
gence process is due to updating ASH by AHS and adaptive method for updating εAS

.

37



CHAPTER 3. NUMERICAL RESULTS

0 20 40 60 80 100
0.2

0.3

0.4

0.5

0.6

0.7

0.8

0.9

N
or

m
al

iz
ed

 M
S

E

Normalized Requested Power %

 

 

n
t
=5, n

s
=3

Theoretical Value (n
t
=5, n

s
=3)

n
t
=5, n

s
=4

Theoretical Value (n
t
=5, n

s
=4)

Figure 3.3: Normalized MSE versus requested power
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Figure 3.4: Convergence status of normalized MSE

The effects of these oscillations in normalized MSE and harvested power are negligible
(Figure 3.4). Many different experiments with different energy demands have been tested
and it has been observed that convergence always happened |ASH −AHS |2 ≤ ε

Tg
AS

. It has
been observed that for higher requested power this convergence is faster due to KAS

has
a lower rank.

3.2 Simultaneous Wireless Information and Power Trans-
fer in MIMO Channel with Relay Amplify-and-Forward
Strategy

In this chapter, numerical results for one-way and two-way information and power trans-
fer to information and energy harvesting users with relay amplify-and-forward strategy
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will be presented. Convergence results of these strategies are discussed also.

3.2.1 Relay Precoding for One-Way Relay System

MMSE Results for Relay Precoding

In this section, numerical results of relay precoding for simultaneous one-way information
and power transfer with relay amplify-and-forward strategy are presented. All channels
are complex MIMO channels with complex Gaussian noise with zero mean and equal
variances (σ2BS2R = σ2IR2R = σ2R2BS = σ2R2IR = σ2R2ER). Base station, information user,
energy harvesting user and relay have 2 antennas.

In Figure 3.6a, Figure 3.6b and Figure 3.6c, MSE at information user versus requested
power for three different relay power are shown. Due to limited power in the relay, if the
relay uses a precoding that deliver more power to the energy harvesting user, the error
at the information user increases.

In Figure 3.6d, MSE in information user versus requested power in the energy har-
vesting user for three different SNR is presented. As SNR increases, since less power
is needed to maintain error in low level, more power of relay can be transferred to the
energy harvesting users when SNR is higher since less power is needed to maintain error
low.

Energy Results for Relay Precoding

In Figure 3.7, the harvested power versus requested power by energy harvesting user
has been presented. At the beginning (flat part of blue curve), although the energy
harvesting user has requested lower power, more power could be harvested by this user
due to signals that transfer information to information user can deliver power to this
user. At K-point, the relay has to use some of its power to send energy to energy
harvesting user even if this results in increasing MSE values at information user. Hence,
as it has been shown in Figure 3.6, error starts to increase. In Figure 3.7a, Figure 3.7b
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Figure 3.6: Normalized MSE versus requested power

and Figure 3.7c, it has been observed that the start of increasing changes in these curves
happen for higher requested power values when PR is larger. The reason is if the relay
has higher power, it can transfer more power to the energy harvesting users when the
error at information user is low.

Convergence Results for Relay Precoding

In Figure 3.8, the obtained threshold value versus requested power has been shown. This
figure illustrates that optimization procedure has converged for all values of requested
power since obtained threshold value is always lower than its target value (10−4).

In Figure 3.9a and Figure 3.9b the elapsed time (Core i7 CPU) and mean square error
for different target threshold value (εTgARS

) have been presented. These figures illustrate
that by choosing a proper target threshold value, an acceptable precision for MSE in less
time is achievable.
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Figure 3.7: Harvested power versus requested power

0 2 4 6 8 10

2

3

4

5

6

7

8

9

10
x 10

−5

Requested Power

O
bt

ai
ne

d 
T

hr
es

ho
ld

 V
al

ue

Figure 3.8: Obtained threshold value versus requested power
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Figure 3.9: Convergence status of normalized MSE

3.2.2 Base Station Precoding for Two-Way Relay System

MMSE and SINR Results for Base Station Precoding

In this section, numerical results of information and power transfer for two-way relay
system with amplify-and-forward strategy, when only base station precoding is imple-
mented, are given. Two information users and two energy harvesting users each has
one antenna is considered as a scenario. All channels are complex MIMO channels with
complex Gaussian noise with zero mean and equal variances (σ2BS2R = σ2IR2R = σ2R2BS =
σ2R2IR = σ2R2ER). As it has been explained before, the fixed value of ARS and initial
value of ABS are very important to guarantee the high performance of system and fast
convergence respectively. It is supposed that base station knows the channel state there-
fore ABS is optimized for MMSE from base station to relay. AIRi is optimized for MMSE
from information users to relay when Pi is maximum deliverable power of user i. Finally,
PMax
BS = 10 and PMax

R = 10 are supposed.
The results for normalized MSE and α for two scenarios have shown in Figure 3.10a

and Figure 3.10b. In the first scenario, the fixed ARS is set by identity matrix and in the
second one, it is set by minimizing MSE from information users to the base station. As
it is expected, the normalized mean square error increases and α decreases by requesting
more power by energy harvesting users. The Minimum of MSE and rate of its increment
are directly depended on fixed value of ARS . ABS has limited and indirect effects on
minimum mean square error from information users to the base station since its effects
are on noise portion of this mean square error and a small portion of relay transmission
power.

SINR’s for both users for scenario one are shown in Figure 3.11a and Figure 3.11b.
The same figures for scenario two are demonstrated in Figure 3.11c and Figure 3.11d.
As it has been presented, the SINR constraint is always fulfilled. Increasing requested
power by energy harvesting users causes a larger portion of relay transmission power is
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Figure 3.10: Normalized MSE and α versus normalized requested power

focused on users instead of base station therefore SINR increases.

Energy Results for Base Station Precoding

In Figure 3.12a and in Figure 3.12b, harvested power when ARS is the Identity matrix,
and Figure 3.12c and Figure 3.12d, harvested power when ARS is specified by the method
in scenario two, are shown. Maximum possible harvested powers are calculated by a
numerical algorithm that is explained in Appendix A.

Delivering more power to energy harvesting users causes the higher MMSE from
information users to base station due to the limited relay transmission power. Further-
more, before K-point, although harvesting users request for lower power, higher power
can be delivered. When ARS is set by scenario two, Although MMSE from information
users to base station increases negligible, by optimizing precoder in the base station,
higher power can be harvested by energy harvesting users.

Convergence Results for Base Station Precoding

In Figure 3.13, the obtained threshold value versus normalized requested power is shown.
This figure shows that optimization problem has been converged for all demanded power
for both ARS values.

3.2.3 Relay Precoding for Two-Way Relay System

MMSE and SINR Results for Relay Precoding

In this section, numerical results of information and power transfer for two-way relay
system with amplify-and-forward strategy, when only relay precoding is optimized, are
presented. All noise specification and users arrangements are the same as base station
precoding. It is supposed that the base station knows the channel state information
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Figure 3.11: SINR versus normalized requested power

therefore ABS is optimized for MMSE from the base station to the relay. AIRi is set
for MMSE from information user i to relay when maximum transmission power of user
i (Pi) constraint is fulfilled (Appendix A).

The result for normalized MSE from information users to base station versus normal-
ized requested power is demonstrated in Figure 3.14a. It is observed that by requesting
more power by energy harvesting users, the mean square errors increases. Moreover,
requesting different ratios of maximum SINR (SINR Ratio) affect the MSE negligibly.

In addition, mean square error from information users to the base station increases if
the power of base station increases since transmitted signals by base station have more
power than transmitted signals by information users when they are received at the relay.

Finally, observation in (Figure 3.14b) demonstrates that MSE when the PBS = Pi = 5
is less than when PBS = 5, Pi = 1 since the received signal from the base station and
information users have the same level of power.

The SINR’s are illustrated in Figure 3.15. Although requested SINR constraint is
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Figure 3.12: Harvested power versus normalized requested power
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Figure 3.13: Obtained threshold value versus normalized requested power
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Figure 3.14: Normalized MSE versus normalized requested power
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Figure 3.15: SINR versus normalized requested power

always fulfilled, depending on ARS precoding the SINR can change since the requested
SINR is less than maximum possible SINR for each user.

Energy Results for Relay Precoding

In Figure 3.16a and Figure 3.16b, harvester power for user 1 and user 2 are shown.
Maximum possible harvested powers are calculated by a numerical algorithm that is
explained in Appendix A. As it is expected, delivering more power to energy harvesting
users leads to higher MMSE from information users to base station. Furthermore, before
K-point, although harvesting users request for lower power, higher power can be deliv-
ered. Finally, when the base station power is higher, due to difference between received
signal from the base station and information users at the relay, more power is needed
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Figure 3.16: Harvested power versus normalized requested power

to minimize MSE from information users to the base station. Hence, due to the limited
power of relay, delivered powers to energy harvesting users are lower.

Convergence Results for Relay Precoding

In Figure 3.17, the obtained threshold value versus normalized requested power is given
when the εTgARS

is 10−4. The result shows that this method is converged for all requested
power.
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Figure 3.17: Obtained threshold value versus normalized requested power
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3.2.4 Joint Base Station and Relay Precoding for Two-Way Relay Sys-
tem

In this section, numerical results of information and power transfer for two-way relay
system with amplify-and-forward strategy when both base station precoding and re-
lay precoding are optimized are described. The same conditions used in base station
precoding section are adopted if something else is not specifically mentioned. AIRi

is set for MMSE from information users to relay. ABS and ARS are calculated by
SWIPT RTW BSRS(A,AH) algorithm in chapter 2. In this section, the results for
base station precoding, relay precoding and joint base station and relay precoding for
fixed SINR are compared and pros and cons of them are explained.

MMSE Results for Base Station and Relay Precoding

In Figure 3.18, normalized MSE’s versus normalized requested power for base station
precoding, relay precoding and joint base station and relay precoding are demonstrated.
For all scenarios, the same SINR and relay and base station transmission powers have
been considered (PMax

BS = 1 and PMax
R = 10). The results show that MMSE of joint

base station and relay precoding is better than sole base station precoding or only relay
precoding. The MMSE for the relay precoding is closer than the base station precoding
to joint base station and relay precoding.
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Figure 3.18: Normalized MSE versus normalized requested power

The SINR of relay precoding and joint base station and relay precoding for users
is shown in Figure 3.19. Requested SINR for both methods is the same. SINR in
relay precoding is higher than joint base station and relay precoding since base station
precoder in the sole relay precoding is fixed for minimum mean square error from base
station to relay so always maximum power of base station is consumed to minimize this
error. In the joint base station and relay precoding, base station precoder is adjusted to
use optimal base station power based on requested SINR.
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Figure 3.19: SINR versus normalized requested power
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Figure 3.20: Harvested power versus normalized requested power

Energy Results for Base Station and Relay Precoding

In Figure 3.20, the harvested powers for both users and for both relay precoding and
joint base station and relay precoding are shown. In low requested power, the deliverable
energy from joint base station and relay precoding is less than sole relay precoding
since in the joint base station and relay precoding, the relay and base station adjust
their transmission powers to obtain requested SINR at information users and requested
power at energy harvesting users therefore lower relay transmission power implies lower
harvested power.
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Requested power 0 20 40 60 80 100

ARS iteration numbers 83 74 61 35 19 7

ABS iteration numbers 25 20 18 6 3 1

Table 3.1: The iteration for ABS and ARS calculations

Convergence Results for Base Station and Relay Precoding

In Figure 3.21, obtained threshold values versus normalized requested power for sole
relay precoding and joint base station and relay precoding are illustrated. The target
threshold value is εTgBS = εTgRS = 10−3. Due to lower rank of relay precoder in joint base
station and relay precoding when more power is requested, convergence is faster and
threshold value is more stable.
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Figure 3.21: Obtained threshold value versus normalized requested power

In table 3.1 the number of iterations for ABS and ARS calculations is presented.
The results in this table show that ARS convergence is more challenging than ABS
convergence. It is seen that by increasing the requested power, the number of iterations
for ABS and ARS decreases rapidly especially for ABS .
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Discussions

In this thesis, SWIPT in a multiple-antenna relay system with multiple users was studied.
The relay was used for increasing communication range for the information receivers (IR)
as well as powering the energy harvesting receivers (ER) that demand power. We focused
on the design of the amplify-and-forward strategy at the relay (relay precoder) and the
precoder at the base station. The minimum mean-square error (MMSE) was used as the
performance criterion for information transfer. Two main scenarios has been considered:
I) simultaneous wireless information and power transfer in MIMO channel without relay
and II) simultaneous wireless information and power transfer in MIMO channel with
relay amplify-and-forward strategy. In information and power transfer without relay,
source directly sent precoded signal that could transfer information to IR and power to
ER.

In simultaneous wireless information and power transfer in MIMO channel with relay
two systems has been considered: i) one-way relay system and ii) two-way relay system.
For the one-way relay system, the relay amplify-and-forward strategy (relay precoder)
to minimize the MMSE from the base station to the information user while satisfying
energy harvesting constraints at the energy harvesting users is investigated. For the
two-way relay system, minimizing the MMSE from the information users to the base
station while satisfying the signal-to-interference-plus-noise ratio (SINR) constraints at
the information users and the energy harvesting constraints at the ERs was considered.
Here the precoder at the base station and the relay precoder was optimized jointly.

These two scenarios led to non-convex optimization problems and needed an approach
to solve them. A novel proposed numerical technique was used to present the trade-offs
between the MMSE and the energy harvesting constraints. Details of systems, their
models and numerical results for these scenarios are explained as follows.

I) Simultaneous wireless information and power transfer in MIMO channel without
relay:

51



CHAPTER 4. DISCUSSIONS

In this scenario, a system with a transmitter, information user (IR) and energy har-
vesting user (ER) was considered. In this optimization problem by using minimum mean
square error (MMSE) method, the error from transmitter to information user was mini-
mized. In the same time, requested power by the energy harvesting user was transferred.
Analytic expressions for extreme values, minimum MSE or maximum harvested power,
were provided. A new method (‘A and AH’) was proposed and compared with other
methods from the literature.

In numerical part, mean square errors (MSE) and harvested power versus requested
power for different signal to noise ratio (SNR) were found by using different methods.
The results presented that MMSE met analytic extreme and by increasing requested
power, MSE was increased due to the limited power of the transmitter. Besides, received
power in low requested power was more than what requested and in maximum met the
analytic extreme.

In addition, when the requested power by energy harvester was low, the MSE was
almost constant. By requesting more power, the mean square error started to increase
from a knee point that was called K-point. It has been observed that the K-point
in MSE and harvested power shifted to more requested power due to more portion of
power can be sent to the energy harvesting user before the error starts increasing. It has
been seen that estimating less number of variables with the same channel resulted lower
MSE. Finally, by comparing the MSE, harvested power of these two methods, the new
introduced method was verified.

II) Simultaneous wireless information and power transfer in MIMO channel with relay
amplify-and-forward strategy

Due to complexity of the problem, the relay problem has been divided into two
systems a) one-way relay system and b) two-way relay system. For both systems, relay
amplify-and-forward strategy has been presented.

a) One-way relay system

In one-way information and power transfer with relay amplify-and-forward strategy,
system has been consisted of a base station that sends information, a relay that received
base station sent signal, amplified and forwarded it, an information user that received the
relay signal and estimated base station sent information and an energy harvesting user
that harvested power from its received signal. The model of this system was presented.
In this problem, the error of received information from the base station to the information
user has been minimized when the energy harvesting user could get the requested power.
An algorithm for solving this optimization problem has been developed.

In numerical part of this investigation, MSE from base station to information user
versus requested power for different relay power and SNR was shown. In this system,
similar to what has been seen in scenario I, when energy harvesting user wanted more
power, MSE to information user increased. Besides, if relay had lower power, MSE
K-Point shifted toward lower requested power since relay had lower power to maintain
MSE constant.
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Furthermore, if channel noise was small (high SNR), more power of relay can be
transferred to the energy harvesting users since less power was needed to maintain error
in low level. This effect could be seen in harvested power due to similar reason. The
obtained threshold value that indicates the precision of (‘A and AH’) method illustrated
that this method converges. Finally, it is observed that by choosing a proper target
threshold value, an acceptable precision for MSE in less time is achievable.

b) Two-way relay system

In two-way information and power transfer with relay amplify-and-forward strategy,
the system consisted of a base station, relay and information and energy harvesting users.
In the first time slot, the information users and the base station sent the precoded infor-
mation to the relay. In the second time slot, the relay amplified and forwarded received
signals to the base station, information users and energy harvesting users simultane-
ously. In this sub-scenario, the data error from multi-users to base station through relay
by choosing suitable linear precoders and MSE method was minimized when obtained
signal-to-interference-plus-noise ratio (SINR) from base station to information users were
more than the requested value and requested power by energy harvesting users could
be harvested. To investigate this system three different scenarios have been considered
b-1) Base station precoding for two-way relay system, b-2) Relay precoding for two-way
relay system and b-3) Base station and relay precoding for two-way relay system.

b-1) Base station precoding for two-way relay system

In the base station precoding model, in the first time slot, base station precoded
input information and send the signal to relay. Simultaneously, information users sent
their signals to relay. In the second time slot, relay only had fixed precoding but it could
amplify the received signal and forward it to base station, information users and energy
harvesting users.

In the numerical results of base station precoding, two scenarios based on the precoder
used in the relay were considered: 1) with fixed precoding that minimizes MSE from
information users to base station and 2) with the identity matrix. Results presented
that choosing initial fixed precoding in relay had a large effect on MSE. Besides, results
have shown that base station precoding had a limited and small effect on MSE from
information users to base station, especially when fixed precoder in relay minimized MSE
from information users to base station. It has been observed that increasing requested
power by energy harvesting users caused a larger portion of relay power focused on users
instead of base station therefore SINR increased.

Besides, requesting more power by energy harvesting users increased the MSE from
information users to base station due to the limited power of relay. When relay was ini-
tialized by optimized fixed precoder, the MMSE from information users to base station
increased negligible when higher power delivered to the energy harvesting users. Har-
vested power when the relay was initialized with optimized fixed precoder was smaller
since the power of relay was concentrated on minimizing MSE from information users
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to base station. Relay precoding has affected the maximum possible harvested power
because of indirect and partial effect of base station precoding on the transmitted sig-
nal from relay. Finally, obtained threshold value versus requested power illustrated the
convergence of (‘A and AH’) method.

b-2) Relay precoding for two-way relay system

In the relay precoding model, base station precoder was fixed and in the first time
slot sent the fixed precoded signal to relay. In the same time slot information users sent
their signals to relay. In the second time slot, relay used linear precoder and amplified
and forwarded received signal to base station, information and energy harvesting users.

In the numerical results of relay precoding, base station precoder was fixed and
initialized to minimize MSE from base station to relay. It has been demonstrated that
by requesting more power by energy harvesting users, the MSE from information users
to base station increased and requesting different SINR affected the MSE negligibly.
In addition, mean square error from information users to base station increased if the
power of base station increases since the power of base station transmitted signal was
more than power of information users and it affected the received signal of information
users in relay input.

Furthermore; It has been presented that for high value of base station power if the
power of information users were increased, the MSE from information users to base
station was decreased. It has been seen that when the requested SINR’s were less
than the maximum possible obtainable SINR’s, the SINR’s can change between users
when requested SINR’s were always fulfilled. In addition, delivering more power to
energy harvesting users caused a high MSE from information users to base station due
to the limited power of relay. Finally, when the base station power was higher, due to
difference between received signal from the base station and information users at the
relay, more power was needed to minimize the MSE from information users to base
station. Consequently, power delivered to the energy harvesting users was lower.

b-3) Base station and relay precoding for two-way relay system

In the base station and relay precoding model, in the first time slot, information in
base station precoded and sent to relay. In the same time slot, information users sent
their information to relay. In the second time slot, relay amplified and forwarded the
received signal to base station, information and energy harvesting users. Three different
optimization problems for these three models were presented. The introduced novel
method (‘A and AH’) for solving these optimization problems were applied.

In the numerical results of base station and relay precoding, two scenarios of fixed
requested SINR and adaptive one have been presented. The first scenario was suit-
able when comparison between different precoding was needed. The second scenario let
information users get higher SINR if it is possible.

In the fixed requested SINR scenario, MSE for base station and relay precoding has
been compared with base station and relay precoding. The results showed that MMSE
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of base station and relay precoding is better than two other ones. This illustrates that
proper relay precoding can compensate for using a base station precoder that has not
developed with full awareness of the system requirements. Additionally, for relay precod-
ing and base station and relay precoding, The comparison between SINR’s was done for
fixed requested SINR. SINR in relay precoding was higher than base station and relay
precoding since base station precoder in the first scenario was fixed for minimum mean
square error from base station to relay so always maximum power of base station was
used to minimize this error but in the second scenario, base station precoder is adjusted
to use optimal base station power based on requested SINR. It was observed that in low
requested power, the deliverable energy from base station and relay precoding was less
than relay precoding since in base station and relay precoding, the relay and base station
adjust their powers to obtain requested SINR for information users and requested power
for energy harvesting users so the lower relay power implies lower harvested power when
it is not requested. It has been observed that for higher requested power, convergence
happened with a smaller number of iterations.

In the adaptive requested SINR scenario, adaptive and fixed requested SINR were
compared. It has been discovered that fixed and adaptive requested SINR didn’t affect
the MSE’s versus requested power. By looking at base station and relay power, it has
been observed that in the adaptive algorithm used power from base station and relay
varied based on how much SINR or power for energy harvesting requested. For fixed
SINR, base station power changes were very small. Relay power for fixed SINR varied
depending on requested power for energy harvesting users. For adaptive SINR, this power
differed due to requested power or SINR. Finally, it has been observed that in harvested
power versus requested power, a rapid change due to relay power change happened.
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5
Conclusions

In this thesis, linear precoder for SWIPT in point-to-point and relay systems have been
investigated. These problem formulations lead to non-convex optimization problems. A
novel numerical method for solving them was proposed.

For SWIPT in point-to-point systems, a new method (‘A and AH’) was suggested.
Trade-offs between the energy harvested and the MMSE were quantified. Results were
compared with a recent work from the literature (‘A and B’ method). It has been
observed that proposed approach obtains the same results with the literature method.
Convergence of the proposed method was investigated through numerical experiments
and it has been observed that by adjusting the threshold value of (‘A and AH’) method,
faster convergence with no significant change in the results was possible. Moreover, it
was seen that (‘A and AH’) method was faster than (‘A and B’) method.

For SWIPT in one-way relay systems with amplify-and-forward strategy, the earlier
method from the literature (‘A and B’ method) didn’t apply for these systems but the
proposed approach (‘A and AH’ method) was applicable. The trade-offs between energy
harvesting demands and the MMSE was quantified. Effects of different SNRs and relay
transmission powers have been investigated.

For SWIPT in two-way relay systems with amplify-and-forward strategy, sole base
station precoding, sole relay precoding and joint precoding were compared. It has been
observed that for obtaining the best trade-offs between the MMSE and energy harvested,
joint base station and relay precoding was needed. It was observed that the trade-offs ob-
tained by sole relay precoding were close to the trade-offs obtained by joint optimization.
Hence, it was conducted that optimization of the relay precoding was more important
than optimization of the base station precoding. Finally, it was observed that conver-
gence of the relay precoder was more challenging than that of base station precoder in
joint optimization problem.

For future work, SWIPT in two-way relay systems with amplify-and-forward strat-
egy when channel state information (CSI) is imperfect or outdated should be explored.
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Moreover, multi-relay systems when users and multiple relays determine how to cooper-
atively transfer energy and information can be studied. Finally, extracting experimental
results by implementation of these scenarios in actual hardware can be investigated.
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A
Other Optimization Algorithms

In this appendix four algorithms for optimization of precoder in users and base station,
maximum obtainable power and maximum SINR which have been used in some scenarios
are explained.

A.1 Users Precoding Optimization Algorithm

In this section the optimization problem and algorithm of AIRi when each user has
limited power Pi are discussed. The optimization problem is sending the information to
relay with minimum error when the power is limited. It means that each user knows the
channel state and adjusts its linear precoder for minimum mean square error from user
to relay. The optimization problem for user i is expressed as (A.1).

min
AIRi

tr(I +
1

σ2nIRi2R

AHIRi
.HH

IRi2R.HIRi2R.AIRi)
−1 (A.1a)

s.t. tr(AIRi .A
H
IRi

) ≤ PMax
i (A.1b)

This problem can solve analytically or ‘A and AH’ algorithm which is given by:

Algorithm AIRi(A,AH):

• Initialize AIRi , AIRHi and εAIRi

• Repeat

- Solve following convex problem and find AIRi

63



APPENDIX A. OTHER OPTIMIZATION ALGORITHMS

0 10 20 30 40 50 60
0.026

0.028

0.03

0.032

0.034

0.036

0.038

Iteration

M
S

E

 

 

MSE
Analytic Value

(a) Normalized MSE

0 10 20 30 40 50 60
10

−3

10
−2

10
−1

Iteration

|A
IR

i−
A

IR
H

i

H
|2

(b) Convergence process

Figure A.1: AIRi optimization results

min
AIRi

tr(I +
1

σ2nIRi2R

AIRHi .H
H
IRi2R.HIRi2R.AIRi)

−1 (A.2a)

s.t. tr(AIRi .AIRHi) ≤ PMax
i (A.2b)∥∥vec(AIRi −AHIRHi

)
∥∥2 ≤ εAIRi

(A.2c)

- Change εAIRi
to get first feasible AIRi

- Update AIRHi = AHIRi

- If no improvement in objective function then choose smaller εAIRi

• Until εAIRi
≤ εTgAIRi

The numerical results including normalized MSE and convergence are shown in Fig-
ure A.1. The comparison between analytic results, algorithm results and convergence
process show that results are correct. In two-way relay amplify and forward strategies ,
this optimization affects MMSE from users to base station.

A.2 Base Station Precoding Optimization Algorithm

In this section the MMSE from base station to relay optimization problem and algorithm
are explained. If the base station knows the state of channel between base station and
relay, it can use a linear precoder to optimize transmitted signal to have minimum error
from base station to relay. The optimization problem is formulated as

min
ABS

tr(I +
1

σ2nBS2R

AHBS .H
H
BS2R.HBS2R.ABS)−1 (A.3a)

s.t. tr(ABS .A
H
BS) ≤ PMax

BS (A.3b)
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Figure A.2: ABS optimization results

For this purpose the MMSE algorithm has been used

Algorithm ABS(A,AH):

• Initialize ABS , ABSHi and εABS

• Repeat

- Solve following convex problem and find ABS

min
ABS

tr(I +
1

σ2nBS2R

ABSH .H
H
BS2R.HBS2R.ABS)−1 (A.4a)

s.t. tr(ABS .ABSH) ≤ PMax
i (A.4b)∥∥vec(ABS −AHBSH)
∥∥2 ≤ εABS

(A.4c)

- Change εABS
to get first feasible ABS

- Update ABSH = AHBS

- If no improvement in objective function then choose smaller εABS

• Until εABS
≤ εTgABS

Results are given in Figure A.2a and Figure A.2b. The effect of this optimization is seen
in SINR when two-way relay system is used.
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A.3 Maximum Power Optimization Algorithm

In this section, the optimization problem and algorithm for maximum power that can be
transferred to users are explained. This algorithm is needed for numerical reason when
specific percentage of maximum transferable power is requested. The maximum power
depends on channel and the power of source that in one-way and two-way relay systems
is relay. The optimization problem for ARS is written as (A.5). Similar optimization
problem can be written for ABS .

T1 = tr(GR2ERk
.ARS .HBS2R.ABS .A

H
BS .H

H
BS2R.ARSH .G

H
R2ERk

)

+ tr(GR2ERk
.ARS .HIR2R.AIR.A

H
IR.H

H
IR2R.ARSH .G

H
R2ERk

)

+ tr(GR2ERk
.ARS .ARSH .G

H
R2ERk

).σ2nX2R

+ σ2nR2ERk
(A.5a)

max
ARS ,α

α.T1 (A.5b)

Subject to :

NMU∑
i=1

(αi) = 1 (A.5c)

tr(HH
R2IRK

.HR2IRK
.(ARS .(HBS2R.ABSk

.AHBSk
.HH

BS2R

− SINRReqk .(
∑
i 6=k

(HBS2R.ABSi .A
H
BSi

.HH
BS2R +HIRi2R.H

H
IRi2R.|AIRi |2)

+ σ2nX2R
.I)).ARSH) ≥ SINRReqk .σ2nR2IRk

, ∀k = 1,...,NMU (A.5d)

tr((HBS2R.ABS .A
H
BS .H

H
BS2R).KAH

RS
)

+ tr((HIR2R.AIR.A
H
IR.H

H
IR2R).KAH

RS
)

+ σ2nX2R
.tr(KAH

RS
) ≤ PMax

R (A.5e)

KAH
RS
−AHRS .ARS � 0 (A.5f)

‖vec(ARS −AHRSH)‖2 ≤ εARS
(A.5g)

The algorithm is outlined as follows.

Algorithm PMax
RS (A,AH):

• Initialize α, ARS , ARSH and εARS

• Repeat

– Repeat

- Solve convex problem (A.5) to find ARS

- Change εARS
to get first feasible ARS
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- Update ARSH = AHRS
- If no improvement in objective function then choose smaller εARS

– Until εARS
≤ εTgARS

– Solve convex problem (A.5) to find α

• Until no improvement in objective functions

In Figure A.3, for specific case, the variations of power between two users is presented.
This variations depend on MIMO channel matrix. Small variations for harvested power
for user 1 and 2 exist that are not seen in this figure.
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Figure A.3: Variation of user powers and weighted power

A.4 Maximum SINR Optimization Algorithm

In this section, main part of optimization problem and algorithm for maximizing SINR’s
for users are explained. The actual algorithm with minimum requested SINR is more
complex. This algorithm is used for numerical reason. The optimization problem for
ARS is written as (A.6).
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‖vec(ARS −AHRSH)‖2 ≤ εARS
(A.6g)

The algorithm is similar to what has been presented in maximizing power for users.

Algorithm SINRMax
RS (A,AH):

• Initialize ARS , ARSH and εARS

• Repeat

- Solve convex problem (A.6) to find ARS

- Change εARS
to get first feasible ARS

- Update ARSH = AHRS

- If no improvement in objective function then choose smaller εARS

• Until εARS
≤ εTgARS

• Update SINR′s
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B
SINR Adaptive Algorithm for
Joint Base Station and Relay

Precoding

In this appendix, an adaptive algorithm for calculating maximum obtainable SINR in
each iteration of base station and relay precoding for two-way relay algorithm is ex-
plained. This algorithm is needed when power transferring higher priority than SINR.
Users can get maximum possible SINR (not fixed one) when precoders in base station
and relay change in each iteration. This adaptive SINR is calculated by method which
was mentioned in Appendix A and should not be less than specific value.

The algorithm of base station and relay precoding for two-way relay system is rewrit-
ten as follows.
Algorithm SWIPT RTW BSRS(A,AH):

• Initialize ÂBS , ÂBSH , ARS , ARSH , εABS
, and εARS

• Repeat

– Repeat

- Solve convex problem (2.88) to find ARS

- Change εARS
to get first feasible ARS

- Update ARSH = AHRS
- If no improvement in objective function then choose smaller εARS

– Until εARS
≤ εTgARS

- Calculate value ÂRS =
√
α.ARS for ARS and arbitrary α

– Repeat
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- Solve convex problem (2.86) to find ÂBS

- Change εABS
to get first feasible ÂBS

- Update ÂBSH = ÂHBS
- If no improvement in objective function then choose smaller εABS

– Until εABS
≤ εTgABS

– Update ABS = ÂBS .
√
α

– Update SINR to maximum obtainable value respect to ARS

• Until no improvement in objective functions

In Figure B.1, normalized MSE versus normalized requested power for fixed and
adaptive requested SINR are presented. It is observed that this adaptation doesn’t
affect the MMSE.
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Figure B.1: Normalized MSE versus normalized requested power

In Figure B.2, SINR’s for fixed and adaptive methods are demonstrated. Minimum
requested SINR is supposed to be 0.25. Since the SINR threshold value is adaptive,
higher SINR can be achieved when different power is requested.

In Figure B.3, the power of base station and relay are shown. In adaptive algorithm
based on how much SINR or power for energy harvesting requested, used power from
base station and relay vary. For fixed SINR, base station power changes are very small.
Relay power for fixed SINR varies depending on requested power for energy harvesting
users. For adaptive SINR, this power differs due to requested power or SINR.

In Figure B.4, the harvested power in fixed and adaptive scenarios are shown. After
certain amount of requested power, obtained power changes rapidly, it is due to rapid
changes in relay power.

Finally, in Figure B.5, obtained threshold values versus requested power for both
fixed and adaptive SINR are illustrated. Although for both fixed and adaptive SINR,
the (A,AH) method has converged, obtained threshold value for adaptive SINR is higher
due to higher power of base station.

70



APPENDIX B. SINR ADAPTIVE ALGORITHM FOR JOINT BASE STATION
AND RELAY PRECODING

0 0.2 0.4 0.6 0.8 1
0.2

0.3

0.4

0.5

0.6

0.7

Normalized Requested Power

S
IN

R

 

 

Requested Fixed SINR
Obtained Fixed SINR
Obtained Adaprtive SINR
Requested Adaptive SINR

(a) User 1

0 0.2 0.4 0.6 0.8 1
0.2

0.25

0.3

0.35

0.4

0.45

0.5

Normalized Requested Power
S

IN
R

 

 

Requested Adaptive SINR
Obtained Adaptive SINR
Requested Fixed SINR
Obtained Fixed

(b) User 2

Figure B.2: SINR versus normalized requested power
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Figure B.3: SINR versus normalized requested power
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Figure B.4: Harvested power versus normalized requested power

0 0.2 0.4 0.6 0.8 1

2

4

6

8

10

x 10
−4

Normalized Requested Power

O
bt

ai
ne

d 
T

hr
es

ho
ld

 V
al

ue

 

 

Fixed SINR
Adaptive SINR

Figure B.5: Obtained threshold value versus normalized requested power
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